KEJDA

Tpiyowva

210 KePAAOLO OVTO OGYOAOVHGTE HE TO TAEOV Bepehmoeg oynpa g Ev-
K\eldewog Iewpetpiog, mov givor to Tpiymvo. Apyikd divovpe o KpLTiplo
1GOTNTOG TOV TPLYOV®OV. G EPAPLOYT] TOV KPLTNPI®V avT®V Topovctdlovie
W010TNTEG TOV GTOLKEIWV TOV KOKAOV, TOV IGOCKEADY TPLYOVOV, TNG HEGO-
KkaBétov evBHYpoOL TUNHOTOG Kot TNG dtyoTopov oG yoviag. H peco-
KaBetog Kot 1 dryotdpog e€etalovron Kot o¢ Pacikol yempeTpikol TOTOL. XN
GUVEYELD OVOPEPOVILE GUVOTTTIKE TNV EVVOL0L TNG GUUUETPIOG MG TPOG KEVTPO
Kot 4Eova Kot LEAETAUE OVICOTIKEG OYECELG GTO TPIYWOVO KoL TIG EPUPHOYES
TOVG OTI GVYKPLoN KAOET®V Kot TAdy1ov tunudtov. Eriong, tapovoidlovue
TIG oYeTIKéG Béoelg evbeiag Kot KhkAov, kabmg Kot TIg oyeTikég BEoelg dvo
KokAwVv. To kepdhoto KAeivel pe KATOEG PUCTKES YEMUETPIKEG KATOOKEVES.

-
w
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KE®PAAAIO 3

O Bnoavpdc tov Abnvoinv ctovg Asdpovg, 508 m.X.
Avornapdotoon A. Tournaire
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|3.1 Zro1xeia ka1 €idn 1prydvov

‘Eva tpiyovo ABI (oy.1) éxer 1perg xopupég A, B, T, 1peig
mhevpég BT, TA, AB ko tpei ymvieg BAT, ABI kon BI'A. Tt
evkoAia ot mievpég BI, TA, AB cuppoiilovton pe a, B, v avti-
oTOlY0, KOl Ol YMVIES BAT, ABI" kon BI'A ue A, Bra I Ot
TAEVPEC KOL Ol YOVIEG EVOG TPLYDVOV AEYOVTOL KUpPIa GTOLYELD
Tov Tprymvov. To dbpotwopa o + B + v TV TAELPOV TOL TPLY®-
vov, dniadn N mepipetpodg tov cvpPoriletar cuvnbmg pe 2t.
YuyKpivovTag TiIg TAELPEG EVOG TPLYDVOL, LETOED TOVGS, TPOKV-
TTOLV Tpio €101 TPIYOVOV: TO GKOANVO, TO 1GOCKEAEC KOl TO
16omAevpo. Etot, éva tpiymvo Aéyeta:

* oKaAnvo, 6tav £xel OAEG TIC TAELPEG TOV Aviceg (0Y.2),

* 1600KeLES, OTAV Exel OVO TAEVPEG ToL 1ogg (oy.3). Xe éva
oookerég Tpiymvo ABIT pe AB = A" n mievpa BI' Aéyetan
faen Ttov Kol to A Kopogi Tov,

* 160TTAEVPO, OTOV EXEL OAEG TIG TAEVPEG TOV 10eGg (o).4).

"Eva tplyovo, avarloya pe To €100¢ TV YOVIAV TOV, AEYETOL

* oévymvio, dtav &gl OAeG TIG Ywvieg Tov oeieg (oy.5),

* opBoyavio, dtav €xel o yovia opdn (oy.6). Ze éva opbo-
Y®OV10 Tpiymvo 1 TAELPd oL Ppioketat amévovTt amd TV opon
yovia Aéyetan voteivovoa Kol ot GALEG 000 Aéyovtol kdletes
TAEVPES TOV TPLYMDVOV,

> quflvyovio, 6tav £xel o yovio apPAreia (oy.7).

* AguTEPEVOVTO GTOLYELD TPLYDVOL

Ardpecoc evOg TPYOVOL AEYETOL TO €VOBVYPOUIO TUNHO. TTOL
EVOVEL 10 KOPLOT HE TO HECO TNG AMEVOVTL TAEVPAG. XT0 O).8
10 evBOypappo TuRuo AM givarl M SGUEGOG TTOL AVTIGTOUYEL
otV mevpd o tov Tpryd@vov ABIT ko cvpfoAiletan pe po. Ot

Sdiecol OV AVTIGTOLYOVV GTIC TAELPES B Kot ¥ cvpfoAilovron
LE g KOL Ly OVTIGTOLYO.

Aryotopos pnag yoviag evog Tptydvov AEyetot 1o v00YpapLLOo
TUNUO TNG OLYOTOLOV TNG YOVIOG, amd TNV KOpLen TG UEXPL
™V amévavtt TAevpd. 10 6.9 10 evBVvYpappo Tunpne AA tvar
1M O1YOTOWOG NG YOViag Atov TPIYdVOL Kot GupPoAileTon pe d .
O1 310TOUOL TOV YOVIDV B kot T tov Tprycddvov cupfoiilovion
ue 813 Ko 57 avticToya.

( A
BF
Zynua 5
r

Y®OVI0
AD B
r

Zyiiua 6

See,

2o 7
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Zynua 10

XXOAIO
H ovvrouoypagio III'TT onuoi-
Vel TAEVPA, Ywvio, TAEVPA.

-
A

Yyoc tprydvov Aéyeton 1o kdBeto €vBOYpapLo TUNUA, TOV
QEPETAL OO o KOPLPT TTPog TNV gubeia TG amévavTt TAgL-
pac. Ta Oyn mov eépovtar amd Tig kopveég A, B ko I' cuppo-
ACovtan avtictoya pe v, 0 KaL v,
210 6).10 T0 AA givor To Vyog and v kopven A. To onueio
A Aéyeton mpoffoi tov A mhve oty gubeia BT ) ko iyvoc
g Kabétov, mov pépetat amd 10 A otnv gubeia BT

Ot 8141601, 01 SLYOTOUOL KOt TO, VYT EVOC TPLYDVOL AEYO-
VIOl OEVTEPEVOVTO, GTOLYELN TOVL.

Kprtipro 160tnTog Tpryedvey

Eidape 6t 000 gubdypappo oyfuota, emopévas kot dvo tpi-

yova, givor ioo av petd and katdAAnAn petatomion tavtilo-

VTOL. XUVETMG:

* AVo ica Tpiymve £(0vv TIg TAEVPES TOVG KOL TIS YOVIES
TOVG iogg pia mpog pia.

* Xg 0v0 ioa tpiyove anévavtt amd iocec mievpég Ppioko-
vl iogg yovieg kon avtioTpoa.

Ot {oeg mhevpég mov Ppiokovior amévavtt and iceg yovieg

AEyovTOL avTioTOLYeC V| OfOLOYES.

2y evotnta avt o ddcovpe Tpotdoels, mov Ba pog eéa-

c@aAilovv TV 16oTNTO 0VO TPIYDOV®V OO TV 16OTNTA TPLOV

povo KatdAAnAov ototyeimv Toug.

Ot mpotdoelg oVTEG OmOTELOVY T KPUTNPLL 1IGOTNTOS TPLYDVOV.

|3.2 1o Kpitip1o 1001ntag 1p1iy@veov

Ocodpnpa I (1o Kpitiipio - II'TT)

Av 000 Tpiymva £rovv 0v0 Thevpés loeg pia wpog pia
KOl TIG TEPLEYONEVEG 6€ AVTEG YOViES oEC, TOTE givar
ica.

Améoeln

Ag vroBécovpe 61t ta tpiyova ABIT kar A'B'T" éyovv AB =
A'B, AT = AT xat A=A (oyx.11). Metatonilovpe t0 Tpiym-
vo A'B'T’, ®ote 10 onueio A’ va tovtiotel pe to A kot
nuevdeio A'B” va tavtiotel pe v AB. Eneion A=A kot n
nuevdeio AT Ba tavticBel pe v AL Tote, apod AB =A'B’
kot A’ = A'T", 1o onpeio B’ tavtileton pe 10 B kou to [ pe 1o
I Emopévac ta 600 tpiymva courintovy, dpa givor ioa.
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ITorizMmA 1

¢ KGOg 1600KELEG TPiy®VO:

« Ov mpookeipeveg otn Paon yovieg eivan ioec.

- H oyotopog g yoviag g Kopueng givar d1apecog
Kot vyoc.

Amooailn

"Eotm 1000okerés tpiyovo ABI pe AB=AT (cy.12).

Dépovpe ™ dyotopo tov AA. Ta tpiyova AAB ko AAT
&xovv AB = AT, AA xown| ko A=A, (TIT'IT), emopévag eivon
ica, omoTE B=T.

Ao v 1010 o6t Ta Tprydvev tpokimtel 6tt BA = AT, ond-
te N AA glvon dbipecog ko A =A,. Ano v terevtaio 160TN-
TOL KO ETELON 51 + Az = 180° mpokvmtel OTL 51 = Az =90°, omo-
Te ovumepaivovpe 6TL To AA glval VYOG TOV TPLYMOVOV.

IHorizMA 11

O yorvieg 160mAhevpov Tpryc@dvov givor ioec.

ITorizMmA II1

Ka0e onpeio g peookaBitov evog gvBvypappov tun-
ROTOG LWOUTEYEL OO TO. AKPO TOV.

AmodeIEn

‘Eocto € n pecoxdBetog evog tunqpatog AB (oy.13) ko M éva
onueio tg. Ta tpiyova MKA kot MKB érovv KA=KB, MK
KON Kot IA(l = IA<2 = 90° (III'TI), emopévag eivan ica, omote
MA = MB.

IHorizMmA IV

Av 0V0 T6E0 €VOG KUKAOL €ival (60, TOTE KOl 0L JOPOEG
TOVG givan iogc.

An06alé§n

‘Eoto AB Ka TA 800 toa T0&n evog koK ov (O,p) (oy.14).
Téte eivor AOB = TOA. T, rpwcova OAB kat OT'A €govv OA

= OI'(= p), OB = OA(= p) ko AOB = T'OA. Enopévmg elvan
ica, omote AB =TA.
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E®APMOI'H

Aivetar gv0vypappo Tpqpe AB, 1 pecokd0eToS TOL € KON A e Al

onueio M g € (o%.15). X1ig TpoekTacels Tov AM kon BM
npog To M maipvovue avrictorye 1o onueio I, A, ®ote x2

MI = MA. No amodeiete oTL:
(i) MAB = MBA,

(ii) AA = BI.

Adon

(1) Emedn] to M elvan onpeio g pecokabétov € tov AB givar
MA MB, snousvmg 10 Tpiyovo MAB givar 1cockelég, ondte

MAB = MBA.

(1) Ta tpiyove MAA kot MBI éyovv MA = MB, MI' = MA (vr60gom) ko 1\A/[1

Zynua 15

A
=M, (kato-

Kopvenv), dpa (III'TT) eivon ica, omdéte AA = BI.

XXOAIO

H 100tnta tpiydvov eivou n fooixn uédodog yio ty awdoeiln e 160TNTOS TUNUATOV 1] YOVIOV.

AXKHXEIX I'TA AYXH

Aocxnosig Epnédmong

1. 2r0 eéwtepind evog piycadvon ABF 98wpov,u£ -
nozo A4 = AB kou AE = Al dote BAA = I4E. Na aro-
oeilete ot1 BE = I/.

2. X 100mlevpo piywvo ABI mpoekteivovue tig mhev-
pés AB, BIT TA kou otig mpoektaoels tovg Becwpodue
qunuota BK = I/A = AM. No amodeiéete ot to tpiywvo
KAM eivar 1o0mhevpo.

3. Na amodeilete ot onig 0uoL0Yeg TAEVPES dVO TowWV
IYDOVWV AVTIGTOLYOVV 10EG OLGUETOL.

Zotw tpiywvo ABI ka1 AA 5 diyotopog mgﬁ oty
oto, Gewpovue tunuata AE = AB ko AZ = AI' No
amoogilete ot ATE = AZB.

38

AT0OEIKTIKEG ACKIGELS

1. Eotw tpiywvo ABI” kou K onucio eéwtepixo tov tpi-
yaovov. Av otig mpoektaoeis twv AK, BK, I'K Oswpi-
oovue unuoto KA = AK, KE = BK, KZ = 'K, va omo-
oeilete 0T EAZ = BAL

2. Aivetou 100o0okelés tpiywvo ABIT Xug mpoektaoels
TV lowv TAevpwv 1ov BA, T4 Oswpodue oo qunuoza
A4, AE oavtiotorya. Av M to uéco g Paons Bl va
amodeiéete ot 1o piywvo MAE eivou 1000kedés.

3. Aiveraur kdxAog kévipoov O kot yopon tov AB. [lpoe-
Kreivooue v AB kai mpog ta dvo s dKrpa, Kot loo;
qunuota A kaw BA avtiotoryo. Noo amodeilere ot
Or'4 = 04B.
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|3.3 20 Kpitip10o 100In1aG IPIYOVOV

Me ) BonBeia Tov 1°° kprrnpiov amodeikvoovpe to 2° ko 3°
KPLTNPLo 160TNTOG TPLYDVOV.

Os@opnpa (20 Kpitiipio - I'TIIN)

Av 000 Tpiymva £0vv po TAEVPA KoL TIG TPOGKEINE-
VEG 6€ 0VTI] YOViES i6gg pia TPog pia, T6TE TO TPiy© VA
givon ioo.

Amooeln
'Ecrco oTLTa tpwcova ABT xa1 A'B'T’ (oy.16) éyouv BI' =B'T",
B=B kaI=1".
Oa amodeitovpe 011 Eyovv kot AB = A'B’."Ecto 6Tt AB # A'B/,
.y, AB > A'B'. Tote vrdpyetl onueio A otnv AB, ®ote va glvon
BA=DB' A' Ta rpwcova ABI" xart A'B'T" éyouv BI' = B’ F’ BA =
B'A’ Ko B B’ snousvmg (TIT'TI) etvan ic0, omodte BFA r
AT = F onéte BTA= Fnon gtvon dromo, ywm 10 A gtvar ec0-
TePIKd onpeio g yovioag AT'B kot EMOUEVAG BIA<I Oonynom-
Kope og atomo yloti vrobéoape 0T1AB # A'B’, pa AB=A'B'.
Ta tptywva, Aowmdv, ABI' kot A'BT éyovv BI'=BT', AB=A'B’
xon B= f}’, dpa (ITT'TI) etvon 1o
* Inueiowon: 1o mopomdve Osdpnua umopet vo, amoderyOsi kor e ) uéGodo
™G HETOTOTONG, 0TS T0 Becopnua I (oel. 36).

|3.4 3o Kpitrip1o 1001ntag 1p1y®dvemv

H 10610 600 tprydvev eEacpoiileton kKot omd TV 160Nt
TOV TPUDV TAEVPDOV TOVGS, Hia Tpog pia, 0TS pog Pefatdver To
enduevo Bempnua.

Ocdpnpa (3o Kpithipio - III)

Av 000 Tplymva £(0ovv TIC TALVPES TOVG I6EG pia TPOg
pio, TOTE TO TPIy®VO givon ica.

AmodeIln

Oewpodpe 1o tpiyova ABIT ko A'BT' pe AB = A'B/,
BI' = BT', TA = T"A’ (oy.17). Apkel va amodeilovpe 6Tt
A=A Ymobétovpe 611 T Tpiywva givon o&pymvia.
Ocwpovpue Vv nuevbeio Bx, dote I'Bx = B' (6y.17) ko on-
peio g A, dote BA=A'B’. Ta tpiyova ABI xoi A'B'T” givon
toa, ywti éxouv BI' = B'T”, BA=A'B’ kot FBA B. Ao mv
oot ovt Tpokvmtel Ot [A=T"A" ko A=A

XXOAIO

H ovvropoypopio I'TII onuaiver
ywvia, TAeopd, ywvia.

Zynuo 16

YXOAIO
H ovvrouoypapio I onuoi-
Vel TAEVPA, TAEVPA, TAEVPA.
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Eneidn BA = A'B’ ka1 A'B’ = AB, 10 1piyovo ABA givat 160-
oKeAéG, omote

A=A, ().
Eniong, agov TA=A'T" kauw A'T" = AT, apokintet 6T
A=A, (2)

Enedn ta tpiyova eivar ouymvia to tunpa AA Bpicketol 6to
ECMTEPIKO TOV YOVIDV A ko A, omote pe mpocheon twv (1)
Ko (2) TpokvmTet Ot A=A Ene1dn A=A, gyovpe A=A, mov
etvan To {nrodpuevo.

ApacTnproTnTa

Eéetdore tic aleg dvo mepumradoeis g omo-
oeiéne ov 3% Kpimypiov:

i) IAi'A > 90° kou EA’ > 90°.
ii) B =90° koau B' = 90°.

Me ) Ponfeia tov kprtnpiov I amwodeucviovion ta exdpe-
va Topiocuata.

H 61G4pne60g 1606KELOVS TPLYAOVOV, TOV OVTIGTOVYEL 61N
Baon Tov, gival dL0TONOS Ko VYOG,

Améoeln

‘Eotm 10ookerég tpiyovo ABT e AB=AT kot AA 1 dudpecde

tov (0y.18). Ta tpiyova ABA ka1 ATA éxouv AB=AI, AA
xown kot BA=AT, apa (IIIII) givon ico, omdte A} = A,, Kat
31 = 32. A T1G 160TNTEC OVTEG TPOKVMTEL AVTIOTOLY OTL 1)
AA givan d1y0TOHOG KOl VYOC.

Kd0e onpeio mov wonéyer and 1o Gkpa £vOg TUNNOTOS
OVIKEL 6T1) PEGOKAOETO TOVL.

Améoeln

‘Eoto evbdypappo tuiua AB (0%.19), M éva onueio, dote

MA = MB ka1 K 1o péco tov AB. Tote to tpiyoovo AMB givan
oookeréc kot 1 MK d1dpuecdg tov, omdTE GUUPOVO LE TO
wponyovpevo mopopa, 1 MK Ba etvar kKot viyog onradn n MK
elvan pecokdbetoc tov AB.
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Amd 10 mopandve mopiopa kot 1o mopspa I tov Bewpn-
natog I (§3.2) mpoxdmrer 611 N pecokdBerog €vog €vOv-
YPOUROV TUNROATOS EIVOL 0 YEMUETPIKOS TOTOS TWV G1)-
RELOV TOV EMUTEOOV TTOV LGATENOVY UG TO. GKPA TOV TUN-
poToc.

ApasTnproTnTa

No. ppebei onueio mov 10améyel ano Tig
KOPOYES EVOG TPLYWDVOD.

ITorizma 11T

Av o1 1opoEc 600 TOEMV €VOS KUKAOV, MIKPOTEPMV TOV
nuKvkAiov, gival iceg, T0TE KoL Ta T6EM Eivan ioa.

An6dEIEN - =

‘Eoto dvo 10 AB kot I'A evdc kdkhov (O,p) pkpodtepa Tov
nuwvkiiov, pe AB = TA. Tote ta tpiyova OAB xor OT'A
(0x-20) éxovv: OA=OI (= p), OB = OA (= p) ke AB =TA, dpa
(TITIIT) etvon ioa. Emopéva, AOB = F@A, omote AB =TA.

Av 01 %0pdég 000 TOEMV €VOG KOKAOV PEYOAVTEPMOV TOV
nuKkvkAiov givor ioeg, T0TE KoL TO TOSM Elvan iG0.

2ynuo 20

ITAPATHPHXH

Ao ta mopiouazo Il xor IV
TPOKVTTEL OTI YI0. VO, KATOOKEDG-
oovue ioa todo mAvw oe Evav
KOKAO 1 g€ lo0Vg KOKAOVS apkel
Vo, TAPovE, e TO O10fNTH, 10ES
XOpPOES.

ANAKE®GAAAIQYH

Oeg 01 TapUmAvVm TEPITTMOGELS IGOTNTOS TPLYDVAOV SLOTVTMVOVIOL GUVOTTIKA MG €ENG:

Avo Tpiyova givor ioa 6Tav £xovv:

* 0V0 TAEVPEG loeg pia Tpog pia Ko TIg TEPLEXONEVES O AVTEG Yoovieg Togg (IITTD),

° (o TAEVPA KoL TIS TPOGKEINEVEG 6 VT YOVieg Togg pia pog pio (CIIT),

° KoL TG TPELS TAEVPEG iogg pia pog pia (TIITIT).

-
~
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E®APMOTI'H 1q

BOzowpodpe yovia x6y Kou 0vo kvkhovg (O,p), (O,R) pe
pP<R (oy.21). Av 0 Tp®OTOS KVKAOG TERVEL TIg TAELPES OX,
Oy ota A, B, 0 dgvtepog ota I, A kor M givar To onpeio to-
s tov AA, BT va amwoderyOei ot

(i) Ta Tpiyova OAA ko OBI givar ica,

(ii) Ta Tpiyova MAI kox MBA givar ico,

(iii) Ta Tpiyova OAM ko OBM ¢ivan ica,

(iv) n OM givan i dygoTépOG TNG x(A)y.

Améoedn ynuo 21

(1) Ta tpiyova OAA xor OBIT éxouv OA = OB (= p), OI' = OA(= R) kot o) wkown| (II'TI),
eMOUEVOG glvar ioa.

(11) Amo v nponyovusvn 160TNTO TPOKVATEL onA B n 180° A =180 ° I§2 |
A2 B Ko F A Enopévamg, ta tpiyova MAID kot MBA éyovv A" = BA, A =B
fl = A1 (I'TID), apa givan i

(111) A6 1o (i1) Tpoxvntel 6Tt MA=MB, ondte ta tpiywva OAM kot OBM éyovv OA = OB,
MA = MB ka1 OM «own (IIIIII), dpa eivor ica.

(iv) Eneidn ta tpiyova OAM kot OBM eivat ica, £ovpe 0Tt 61 = 62 , OnAadn 1 OM eivan

M O1YOTOUOG TNG x@y.

, Kot

XXOAIO

H epapuoyn 1 diver évav tpomo kaTaokevg TG OLYOTOUOD UIOG YWVIOG.

E®APMOTH 2y

AvYo tpiyova ABI' kaw A’B'T” &ouv B =B, A
Y=7" Ko My = 1 Na amoociete 011 TO. TPI- B

yova givor ioa. M
Améoedn

E&etalovpe mpota ta tpiyova ABM kot
A’B'M’ (0y.22). Avtd €youv AB =A'B’, BM
= B'M’ (and v vndbeon) kot AM =AM, 2yrjua 22

Og ol Tov woav nkavav AT xor A'T". Apa, ta tpiyova ABM ka1t A'B'M” givar wa
(HHH) ombte A = A, Enopévog, ta tpiyova ABI kat A'B T éyouv B=B",y=7v Ko A =

', apa (III'TI) eivon ioa.

B I B

IH
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Epomioeig Katavonong

1. Xopaxtnpiore wg owor (X) 1 Aabog (A) kabeuio
OTO TIG EMOUEVES TPOTATEIG:

i) Eva tpiywvo eivar olvydvio otoy pia yovio tov &i-

vor olela. 2 A
ii) Eva tplywvo givor oKalnvo otav 000 TAEVPES TOD
gival avioeg. 2 A

2. A0t oTe To TP KPITHPLO, I60THTOG TPLYDVOV.

3. ZoumAnpaote ta keva.:

i) Xe Kabe 1000KEAES TPIY@VO 1 OLYOTOUOS THS YWVIAS
THG KOPOPHG ELVOL <o eieeieeieeeieeeee e e

i) Xe ka0 1000KEAES TPIYWVO 1] OIOUETOS TTOV OVTI-
OTOLYEL OTN POOH TOV EIVOL ..o
iii) Eva onueio M Ppioketor oty puecokdbeto evog tui-
HOTOG AB, OTOW ...,

iv) Abo t0éa €vog KOKAOV EIVaL [0G, OTAV ......................

Aoxnogig Epnédomonc

1. A4bo piywve ABI kot A'B'T” égovov =, y =y kou
A =4 4vIeivai o onueio Touns Twv dyotoumy A4
ko1 BE wov tprycovov ABI koi I to onueio toung twv
oyotouwv A'A" kor BE tov A'B'T" va, amodeilete o
i) Ad = A'A" xou BE = B'E’

ii) Al = A'l' ka1 Bl = B'I'.

2. Ao piywva ABI ko1 A'B'T" érovv = B, A=4a
kai §, = 0,,. Na amodeiete Ot

i) r=r "

ii)a=a kouy=y
3. Xe piywvo ABI” mpoekteivovue ) diaueso AM koza
oo quijuo. MA. No: amodeilete ot to tpiywva ABI kau
BIA eivou ioo.

,

|3.5 “Ynap$n ka1 povadikéinta xaBgrov

AT0OEIKTIKES AGKNGELS

1. Na amodeiete 01 01 dryoToU01 TWV YOVIOY THS PAoHS
1000KEAODG TPIYWOVOD EVOL [OEG.

2. Av AA', BB' xou I'T" eivau tpeig didpetpor koxlov (PA.
oynua), va amodeilete ot ta iywva ABI kou A'B'T
givai ioo.

3. Xe éva kvpto tepamievpo ABIA eivou AB = I/ ko
B=1TI' No amodeiletre ot A = A.

Yvvleta Oépota
1. Gewpodue dvo ioo tpiywva ABI kar A'B'T". H did-
ueoog AM kar n dryorouog BA tov ABI” téuvovrou oo
0O, evo 1 avtioroiyn diduecos A’ M’ kor n avtiotoryn
oryotouog B'A" oo A'B'T” téuvovror oto O'. No. arwo-
oeilere ot i) BA = B'A’, ii) BAM =B'AM', iii) To tpi-
yova ABO kor A'B'@' civar ioo, iv) AO = A'O' ko
o4 =064

2. Avo runuoza AB kou IA gyovv v idio uecokabeto
. Av i € kot 1 ueooxdberog rov AL téuvovral, vo. amo-
Ocilete 0TI QWO TO ONUEIO TOUNG TOVG OLEPYETAL KOl 1]
ueookaberog tov BA.

3. Eotw 1oo0kelés piywvo ABI (AB = Al). H ueoo-
xabetog e mlevpag Al téuver v mpoéxraon e I'B
oro A. Ipoexreivovue ) AA koza tuua AE = AB\Na
oamodeilete oti:

i) to iywvo AAI eivar 1600KkEAES,

ii) to wiywvo IAE eivor emiong 1000kelES.

210 20 KEQAAOO0 ovaPEPONKOLE GTNV KAOETN TOL PEPETAL OO
onueio og gvbeia. v mapovoa mapdypapo Bo PLEAETHGOVLE

N HovVadKOTNTO Kot TV Vrap&n g,

A7o6 onpeio ektog ev0siog EpyeTor povadki KaOeTog

otV gvbeia.

-
w
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Zynuo. 23

k §M
x

N 3

[\

(=)

Améoeln

‘Eoto evbeila x'x, onueio A ektd¢ avtg Kou onpeio M g x'x
(0%.23). Av 1 AM egivon kaBetn oy X'x, tOTE TO BedpMuOL
1oYVEL OG TPOG TNV VIapéN ¢ Kabétov. 'Eotw 6Tt AM odev
gtvan kaBetn otV X'X. 10 nuIEninedo mov opilel N X'x KoL OgV
nepExel 1o A Bewpovpe v nevdeia My, ®ote va givat xMy
= AMX Kot Thve o€ avt onueio B, ®ote MA = MB. Eneion
ta onueia A,B eivan exatépwbev e x'x, n X'x téuver v AB
o€ éva ecmTEPIKO onpeio, éotw K. Apov MA = MB kat I\A/I1 =

A

M,, n MK egivan 61y0t6p0G 010 1600KEAES Tpiymvo MAB, dpa
etvan kot vyog Kot emopéveoc ABLx'.

‘Eoto 6t1 vmdpyet ko GAAN evBeia AA kaBetn oty x'x . Tote
ta tpiyova AMA kot BMA eivan ioa, ylati €govv MA kown,
MA =MB kot M, = M, ondte Oa givor kan A | = A,. Opog A |
=90°, dpa Ko JA\Z = 90°, omotE /A\1 + /A\z = 180° 1o omoio on-
paivel 0tL ta onpeia A,A,B gival cuvevbelaxd, onladn n AA
tavtileron pe v AK, mov glvan dromo.

|3.6 Kpitipia 106intag opfoydviev 1piy@dvemv

Ene1dn 600 opBoydvia tpiywva £xovv pia yovia ion, v opon,
an6 1o 1o (III'TI) ko 20 (I'TIT) kprtnpro 16dTTOS TVYALWOV TPI-
YOVOV TPOKLITEL AUECO OTL:

* Avo opBoyovia Tpiyova, Tov £rovv TS KAOETEG TALLPES
TOVG iogg pia wpog pia, givon ica. (oy.24).

* Ao opBoyovia Tpiyova, mov £ovv po kKGOeTn Thgvpd
KO TNV TPOoKeipnev o€ avT ofela yovia ioeg pia mpog
pio, givan ioa (6y.25).

H 166tta opboymdviov tprydvev eEacealiletal akoun Kot
amo To endpeva Bempnuoata.

Oswopnpa I

Av 0v0 opBoydvia Tpiyova £ovv TNV vaoTtEivovsa
ko pia ofgia yovia avriotoyyo ioes pio mpog pia,
T0TE givan oa.

Améoeln

"ot 800 tpiyeve ABT kat A'BT pe A=A’ =90°, B[ = BT’
kat B =B’ (0%.26). ®a amodeiovpe 6T elvar ko AB = A'B’.
‘Eotow 6011 AB # A'B’', m.y. AB > A'B’. Téte otnv mhevpd BA
vrdpyet onueio A, oote BA=A'B'.
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Ta tpiyova ABT kot A'B'T éyovv BI' = B'T’, AB = A'B' kot
B=B, emopéveg givat ica, ondte Ha etvar A = A’ = 90°, ono-
o I'ALAB.Etot €rovpe TALAB kot TALAB mov givat dtomo
(novaodikotnta Kabétov). Odnyndnkape ce dromo yloti vtodé-
cope 0TLAB # A'B’. Apa AB = A'B’, ondte ta tpiyova ABI'
kot A'B'T” givan ioa, ywati €ovv BI' = BT, BA = B'A’ kot
B =B (IIr'10).

Ocdpnpa II

Av 0v0 opBoydvia Tpiyova £ovv TV vroTEIVOLGA
Ko pia kGOetn whevpd avrioToryo iceg pia mpog pia,
T0TE €ivan oo,

Améoeln

‘Eotm 600 tpiyova ABI" kar A'B'T” (0y%.27) pe A=A"=90°,
BI' =B'T" ko1 AB = A'B’. Oa anodeifovpe 6Tt ko B=5. 2116
nmpoektdoelg v BA kot B'A’ Bewpovpe avtictorya ta onueio
A xar A', wote va givar AA = AB kaw A'’A" = A'B’. Tote n TA
elvan pecokdBetog tov AB ko I"A" pecokdBetog tov A'B'.
Yvumnepaivoope, Aomdv, 6Tt [A=T1B ko I'A" =T"B’. Ano 11
terevtaieg 106t teg ko v BI' = BT mpoxvnter 6t TA =
["A"."Etot ta tpiyova [AB kot ['A'B' éxouv TA=T1"A", BI' =
BT’ kot AB = A'B’ (wg duthdoio tov icowv tunudtov AB kot
A'B’), emopévag givon ioa, ondte B = B'. Tote ko 1a aPYIKA
tpiyova givon ica (TTTIT).

ITorizMAa 1

To Vyog 1606KELOVS TPLYMDVOL TTOV UVTIGTOVYKEL 6T1| Paon
givan d1apec0g Ko d10TONOG TG YOVING TG KOPLPNG.

H ka0gtog mov @épeTon 06 To KEVTPO EVOS KOKAOV TPOG pHia
XOPON TOL JLOTOUEL TN YOPON] KoL TO aVTioTOLY0 TOCO TN,

AnodeIln

Acg Bewpnoovue évav kokio (O,p), o yopdn tov AB kot v
kdBetn OK g AB, mov téuvel tov kOkAO oto onueio M
(0%.28). Eme1o to tpunqpa OK givar Yyog 610 1600KeEAEG TPiym-
vo OAB (OA = OB = p), coppmva e TO TPonyoOUEVO TOPIGHA
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elvon d1dpecog kou drotopog, iadn 1o K eivon péco tov AB
ka1 O, = O,. Agov O, = O, mpokvntel 611 AM = MB.

ANAKE®GAAAIQYH

OLeg 01 TOPUTAV® TEPMTMGELS 1GOTNTOG 0PHOYOVIOV TPIYDOVOV SLOTVTOVOVTOL GUVOTTIKO MG
edng:.

AY0 opBoydvia Tpiymva givon ica, 6Tav £xovv:

* AV0 oporoyes TAEVPES TOVG Togg pio Tpog pia.

* Mia TAEVPE Kon TV TPOGKEINEVT 6€ aVTI] 0&eia Yovia avrioTorya ioceg pia Tpog pia.

Osopnpa III

Av0 Y0pdég evog KOKAOV givan i6EG av KoL poOvo av Ta
OTOGTI|LOTA TOVG Eivan iGa.

Améoeln
"Eoto ot ioeg yopdég AB kar I'A evog kdkiov (O,p) ko OK,

OA 10 arootiuotd toug avtictorya (0%.29). Ta tpiyova KOA
kot AOI, éxovv K=A-= 90°, OA = OI' (= p) ku AK =TA
(apov AB =TA). Emopéveg givat ioa, ondte OK = OA.
AvtioTpo@a. Eotm 611 ta anootuata OK kot OA givar ica.
Tote ta tpiywva KOA ko AOT €yovv K=A-= 90°, OA=0TI'
kol OK = OA, gmopévag elval ica, ondte

AB TA

AK =TA 1‘| TZT ﬁ ABZFA.

Osdpnpa IV

Ka0g onpeio g d10tépov puog yoviog weaméysl omwo
TIG TALVPES TNG KOL UVTIGTPOPU KAOE E6MTEPIKO 61-
peio TG yoviag mov weaméyel and Tic TAEVPEG Eivan
onueio TG oryoTopovL.

Améoeln

‘Eocto o yovia X(A)y kot M éva onueio g dryotopov g 06
(0%.30). ®épovpe MALOx xar MB_LOy. Tote o opBoydvia
tpiyova AOM ko BOM egivan ica yuti £govv A=B= 90°, OM
kowi] kar MOA = MOB, emopévac MA = MB.

Avtiotpo@a. Eotm M éva ecmteptko onpeio g yoviag. Pépov-
pue MA_LOx kot MB_LOy kot vrrofétovpe 6tt MA = MB. Téte ta
tpltyovo AOM kar BOM eivon i ioa, apov A=B= 90°, OM
kown kot MA=MB kot gnopévmg MOA = MOB, ondte 1o M
gtvon onpeio g dryotopov O0.
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Ao 10 Tapamdve Bedpnuo courepaivovpe OTL:
H dyrotopog puog yoviag eivol 0 YEOUETPIKOS TOTOG TMV O1)-
REI®V TOV 10OTEXOVY 0O TIC TAEVPES TG,

Me ) Bonfeta Tov cCLUTEPAGLATOG ALTOV aVTILETOTICETAL I
EMOLEVT] OPAGTNPLOTNTO.

ApasTnproTnTa

No fpebei onueio mov 10oméyel amo

TIG TAEVPES EVOS TPLYDVO.

E®APMOTH Iy

"Eoto tpiyovo ABI. Xtnv mpoéktacn g
nievpas AB (0%.31) maipvoope onpeio E,
oote BE=AB ko oty poéktacn g Al
naipvoope onueio Z, oote 'Z=AI. Av AA to

vyog tov Tprydvov kou EH, ZO to kaleta > L(?

Tunpota tpog TV evbeia BI totE: i

(i) va ovykprBovv to tpiywva ABA kou EBH, i
Ko0®O¢ ko T AT'A kon ZI'O, EZ

(ii) vo amwodoeryBei 611 EH = Z.0.
Avon

(i) To tpiyova ABA xon EBH eivar opboydvia (A = o= 90°) xar €gouv AB = BE (and
vtobeon) Kot ]§1 = ]§2 (xataxopvenv). Apa, givar ica.

2xnua 31

Opowa ko ta tpiyova ATA ko ZI'O givan ica yroti £govv A=6 = 90°, AT’ =T'Z xm fl = fz.

(i1) Amd v ot tov tprydvev ABA kot EBH mpokintel 61t EH=AA. Opow and v G-
A woémTa tov Tprydvev apokvntel Z0O = AA. Enopéveog EH = Z6.

E®APMOI'H 2n

BOempovpe 6V0 icovg KiKIoVG pe kévipa K, A
Ko 07t T0 péco M tov KA guleia € mov tépver
TOVG KUKAOVG (0Y.32) ota onueia A, B kan I, A
avtiotoyya. Na amoderyOei 611 AB =TA.
Améoedn

Eneon ta tuiuoto AB kon TA givar yopoég
fowv KoKhov, Yo va givor AB = T'A apkel ta
amootuatd tovg KE xor AZ, avtictoya, va
etvat ioa. Ta tpitywva EMK kot ZMA givar opBoydvia (l::= Z= 90°) ko éyovv KM = MA, yioti
0 M givan péco tov KA ko I\A/I1 = l\A/[2 ¢ katakopveny. Apa gtvor ica, omodte KE = AZ.

2ynua 32

IH
i




KEPAAAIO 3

Epomosig Katavoneng
1. Eotw evbeia & kot onueio A exrog avtig. Av ABLe
kou AI'Le (B, I" onueio g €) tote:
i)B=1T
ii) BT
iii) AB = A"
Artioloynote v anavinon oog.
2. Eotw 10ookekes piywvo ABIT (AB = AT'), A onusio g
Poons kou o1 IPoTaoELS:

m,: To A4 eivor byog tov Tprycdvov.

MM M

4
A
A

7, 10 A4 eivou diGuesog tov 1piycdvov.

;s 1o AA eivou diyotéuog v prydvov.
Av yio 70 AA 10yver o omd g @, T, 0, TOTE 10XDOVY O
GAAeg dvo mpotdoEls;
3. Aiaromddote Tic 000 AVOKEPALOLWTIKES TEPITTDOELS
160TNTOG 0PBOYOVIWY TPLYDVAV.
4. 270 oirhovo oyn-
1o Eyovue ayedLd- 5
oel  oktw opbo- 4L
yavia piywva. Ko-
Oéva. omo ovtd ei-
vai ioo ue éva omo
70 vmoioiwa. Na
Ppeite to. (edyn TV
oWV TPIYyOVOY Kai
VoL aVOPEPETE TO AOYo Yio. ToV omolo givou loa.
5. ZoumAnpaaorte ta keva otnY ETOUEV TPOTOON:
O @opéag Tov AmOTTHUATOS HIOG YOPOHS EIVAL LEGO-
KOOETOG THG woveeeeenne KO OLYOTOUET ....... .........
6. Av AB, I givaur yopoég evog kvkAov (K) kou KE, KZ
EIVaL OVTIOTOLYO. TO. OTOTTHUATE TOVG TOTE:

597
3 B B]

5
5 5 Y
59,
[l 1

3 3 3

]
[T

1
o. AB =14 @KE=3KZ,

p.AB =14 < KE > KZ,

y.AB =14 < KE = KZ,
1 1

0.AB =14 @EKE=—KZ,

3
e AB =14 < KE < KZ.

KvkAoate o ypdpuo e 6woths omavinons kot oitio-
Aoynare Ty amavinoy cog.

7. Iowa eivaur i yopaxtnpLoTiky 1010THTO. TV CHUEIWY
TG OLYOTOUOD IO YOVIOG,

8. Abo opboycirvia tpiywva mov Eyovv dbo mhevpés ioeg
eivar wavrote loa, No 01ko1oAoynoete Ty amavtnon oag.
Agrnoeic Epnéomong

Na. amodeilete 0TI T0. VYN 1606KEAODS TPLYDVOD TOV
VTLGTOLYOVVY 0TI 106G TAEVPES TOV EIVaL IO

48

2. Na amodeilete 611 0 péoa TwV 160V TAEVPOV 100-
OKEAODG TPLYOVOD 1GOTEYOVY:

i) aro ) Pao,

ii) amo g ioeg TAEVPES.

3. Na amodeilete 611 100 GKpOL £VOC TUHUOTOG 100TTE-
Jovv oo kabe evbeio. TOL AIEPYETAL OTTO TO UEGO TOV.
4. Av dbo tplywva efvar ioa, va amodeiéete 6T Kor o Dy
TOVG OV OVTTTOL(OVY OTIG I0EC TAEVPES EIVOLL 0.

AT0dEIKTIKES AGKNGELS

1. Eotw 1000xeiés wpiywvo ABI (AB = AI') kou M to0
uéao g faons tov BIT No amodeilere oti:

i) 10 M 1007Exel amo TIG [0EG TAEVPES TOV TPLYHOVOD,
ii) n AM eivau dryotouog g ywviog mov aynuatilovy
o1 omooTdoels 100 M amo Tig loeg TAEVPES WeTalD TOVG.
2. No amodeilete 6t av e dvo tpiywve ABI kou
A'BT" eivor a=a’, v =0 _, ka1 jL =pt ,, TOTE T0. PIY@OVOL
eivai foa.

3. Na amodeiéete 611 av o€ dbo olvydvia tpiywva ABI
xou A’ BT eivar o=a’, D=0y KOL V=D, T0T€ T TPI-
yova givai ioo.

4. Aiverou opOoycdvio tpiywvo ABI (ff = [IL) xou 5 o1-
xotouog tov BA. Ano to A pépovue AELBI] mov téuver
mv AB oro Z. No. amodeilete ot to tpiywvo BIZ eivai
1000KEAEC.

5. divera kvrdog (O, R), o1 ioeg yopdéc tov AB, I/ kou
0. amootiuata tovg OK kor OA aviiotorya. Av o1 mpo-
extaoels v BA kou A" téuvovror oto M, vo, amodei-
Cete oti:

i) ta piywvo MOK koi MOA eivau ioa,

ii) MA = MI" kou MB = MA.

Xovleta Ofpata

1. Gewpotue tpiywvo ABIT H Siyotdpog e yoviag A
téuver ) peookalero e BT oro anueio A. Eotw E Kkou
Z o1 mpofolés tov A atig mhevpés AB kou AI” avtiotoya.
i) Na ovykpivete ta tpiywvo ABE koi AI'Z.

ii)Na. Aboete o idio mpofinua Gewpivros iy eCwre-
ik dyotouo e A, n omoia téuver ) UecokG.OETO THG
BI" oto onueio A', ue mpofolés to onueio. E', Z' otig
mhevpés AB kau AL ovtiororya.

iif) No. amodeiéete ot EE” = Al kou ZZ' = AB.

2. Av 6bo opBoyivia tpiywve ABL A'B'T” &yovv uio
KGBetn TAEVPA [N KO 1] TEPIUETPOS TOV EVOGS EIVaL LoN]
LE TV TEPIUETPO TOV GAAOV, TOTE TO. TPIYWVQ, EIVOL LOO.
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Baoixoi yewuetpixoi tomor

|3.7 Kuknog - MeookaBerog - Aixortépog

Onwg &yovpe avapépel, YEMUETPIKOG TOTOC AEYETAL TO GHVOLO
oAV TOV onueimv, Tov £rouv pia (KOwn) YopaKTNPIOTIKY
1ot

Enopévemg:

* 0 KOKAOG (0.33) elvar £vag YEOUETPIKOG TOTOC, apov OAa Ta
onpeio Tov Kot HOVOV auTd £0uV TV 110TNTA VO, ATEXOLV
po opiopévn amdotaon omd Eva otabepd onueio.

* 1 LEGOKAOETOG £VOG TUNOTOG (0Y.34) elvan emiong évag yem-
HeTpkds TOMOG, ooV OAo To. onueion NG Kot UOVoOV avtd
EYOLV TNV 1310TNTO VAL IGOTEYOVY OO TO GKPO. TOV TUNILOTOG,

* 1 dyotopog oG yoviag (oy.35) eivar évag GAAOG yempe-
TPIKOC TOTOG, 0oV OAa To. onueia TG Kol povov avtd (amd
o onuein ™G yoviag) ooméyovy amd TIG TAEVPES TNG
yoviog.

H ovtipetdmion evog mpoPfAUatog YEOUETPIKOD TOTOV
arortel P waitepn dadikacio 1 omoia wapovslaletal 6To

EMOUEVO TOPAOELYLLOL.

ITAPAAEII'MA

Na Bpe0el 0 YeE@PETPIKOG TOTOS TOV KEVTPOV TOV KUKA®V, TOV

oEpyovrar amd 6vo otabepa onpeia A ko B.
Adon

‘Eoto M éva onpeio tov {ntovpevou Ye®UETPIKOL TOTOL, OMNANN
10 KEVIPO €VOC KOKAOL Tov oEpyetar and ta A,B (0y.36). Tote
MA=MB, og axtiveg Tov {6100 KHKAOL Kot ETOUEVOS T0 M avrkel
o1 pecokdBeto € Tov Tupnatog AB.

Avtiotpoga.’Eoto N éva onpeio g pecsokabétov € tov AB. Tote
Ba etvon NA=NB, ondte 0 kOKAog (N,NA) diépyeton ko amd to B.
Emopéveg kébe onpeio g € eivar kévipo kvxklov mov Siépyeton
oamd Ta A,B.

Apa 0 {ntodpevog yemUETPKOG TOTOG elvan 1 LecokABETOC € TOV
tunpatog AB.

€
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XXOAIO

A6 10 TPONYOOUEVO TAPBOELYUA YIVETAL PAVEPD OTL ) ADGH EVOS TPOPAUOTOS YEWUETPIKOD TOTOD 0K0AOVIEL TO!
&g otaoio.:

Bcwpovue éva toyaio anueio M oo (Toduevon yemueTpikod T0mov kal e foon T XopoKTHPIGTIKE 1010THTO. TOD
&yet, mpoaoropilovue ) ypouun I' mavw otyy omoia fpicketai.

27T ovVEXELD. KOTATKEDALOVUE LUE TOV KOVOVO, K1 TO OLOSHTH T ypouyus] vty kol CETALOIE AV TO TOXAIO ONUETO
N TS ypouas avTig IKavoToIEl T YOpPOKTHPIOTIKY 1010THTO. TOV CHTODUEVOD YEMUETPIKOD TOTOV. AV avTo
ovuPaivel, ©ote n ypoyun I givar o (IToduevog yemueTpIkog T0mog.

AXKHXEIX I'TA AYXH

Epomioeig Katavonong Aoxnogig Epnédmonc

2VUTANPOOTE TO. KEVE, OTIS EXCUEVES TPOTAOELS. 1. No fpebsi 0 yewuetpixog témog twv kopvpdv A twv
) O yempetpikog T0mog TV KOPLPWY TWYV 1GOOKEADY iyovwv ABI] mwov Erovy arobepn v mwlevpd BI=a
PIYOVOY UE YVWOTH faon evai ................. Ko 11 d1dueco AM pe yvawoto ukog.

it) O YEWUETPILOS TOMOS TOV OHUEIMY TOV 1GOTEXOVY 2. Afveton kDKAOG (O,R). Av N wvyoio onueio tov
OmGIOVO TEUVOLEVES EVOETES EIVAL .................. KxoKAov kou M onueio otyv mpoéxraon s ON, dote
ON = NM, va fpebei o yewuetpixog tomog tov M, otav
70 N draypagper Tov KdKAo.

2ovuueTpikd ocynuoto.

|3.8 Kevipikn ovpperpia

2y §2.10 eidape mote dvo onueio A,A” Aéyovtatl Guppe-
TPIKA G TPog KEVTPO €va onpeio O (oy.37).

levikdtepa dV0 oynuata X, X AEyovtol CUUUETPIKA ®G
npog éva onueio O (0y.38), av ko poévo av kabe onpeio tov
X" glvor cuppetpkd gvog onpeiov tov X ¢ mpog to O Ko
avtiotpoga. To onueio O Aéyeton wévipo coupsTplios TOL
GYNUOTOG, TOV amoTEAEITOL Omd TOL GLUUETPIKE ¢ TTpog To O
oynuato X kot X. AnAaon éva onueio O Aéyeton KEVTPO
ovppetpiog evog oynuotog, otav yio kébe onueio A tov
GYNMOTOG TO GLUUETPIKO TOL A, g Tpog to O, eivon emiong
onueio Tov oynuotoc. Eva oyfqua pe kévipo coppetpiog Aépe
OTL TOPOVGLALEL KEVIPIKI] COUUETPIC.

O Av otpéyovpe éva oynua X, pe k€vipo ocoppetpiag to O

A oL A (6%.39), xotd 180° yopw amd o O, Oo. ThpoLLE EVOL GYHLLOL TTOV
0o ocvumintel pe T0 apyIKo.
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A6 T0 YVOOTA HOG, LEYPL TOPO CYNLATO:

* To gvBVYpappo TUR EXEL KEVIPO GUUUETPIOG TO HECO TOV
(oy.400).

* H gvbsia €xel kévipo cvppetpiog omolodmote onpeio g

(0%.40B).
* O KOKAOG €xel KEVTPO cuppetpiog 1o KEVTpo tov (oy.40y).

E®PAPMOI'H

To coppeTpikd EVOVYPAPPOV TUNHATOG OGS TPOS CNUELD TTOV OEV UVIIKEL GTO POPEQ TOV,

givan Tppa ico pe auto.

Améoaitn

‘Eocto éva tuiua AB (oy.41), onueio O mov dev avikel otnv
evbeio AB kot A’, B’ ta cuppetpikd tov A,B og tpog 10 O
avtiotoyya. Emedn OA' = OA, OB’ = OB kot A'OB’ =A6B, o
tpiyova AOB ka1t A'OB’ givat ica, ondte A'B’ = AB. Apkel va
amodeitovpe 6Tt Ta TpuMqpota AB kot A'B’ elvatl coppetpikd wg
npog 10 O. 'Ectm onueio M tov AB kot M’ 1 tour g MO pe
10 A'B’. A6 TNV TponyovUEVN 100TNTO TPLYOVOV EXOVUE OTL

2ynuo 41

A=A, ondte 1 tpiyova AOM kot A'OM’ givan ica yuati éxovv OA’" = OA, A=A ka
O, = 0,. Enopévag OM' = OM, nov onpaivel 0t1 10 M’ givar coppetpiko tov M.

"Opotwa o cvppetpkd kdbe onueiov M’ tov A'B’ givar onpeio tov AB. Apa ta AB, A'B’

etvar ovppetpikd wg mtpog 1o O.

l 3.9 ASovikn ocvpperpia

Yty §2.14 idape mote 600 onueia A, A’ AEyoviot GUUUETPIKE
¢ mpog (d&ova) v gvbeia € (oy.42).

I'evikdtepa V0 oynuata X, X' (0x.43) Aéyoviol GUUUETPIKE
®¢ Tpog TNV gvbeia €, av katl pévov av kabe onueio tov X' &i-
VOl GUUUETPIKO €VOC GMUEIOL TOL £ MG TPOG TNV € KO OVTi-
otpoa. H evbeia € Aéyeton déovac copupsTpios 100 GYNUATOG
7ov amotedeiton amd ta oynuoTa X kot X' Andadn po evbeio
€ Aéyetanl AEovag GLUUETPIOG EVOG GYNUATOS, OTOV Yo KAOE
onueio A Tov oYNUATOC TO GLUUETPIKO TOV A', WG TTPOG TNV €,
elvan emiong onueio tov oynuotoc. ‘Eva oyfua pe d&ova
ocvppetpiog Aépe 6TL Tapovotdlel adovikiy coppsTpio. Av éva
oynua £xel ¢ d&ova cuppeTpiog o vdeia €, T0TE N € Yopilet

B
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4 € t0 oynuo (oy.44) oe dVO péPN UE TETOO TPOTO, MOTE, OV
OUTADGOLE TO PVALO oYESIOONG KOTA UNKOG TNG €, TA LEPT
avtd Oa TOVTIGTOVV.

Ao T0 YVOOTE LoG oY LLoTO
* To gvBOypappo Tpuque AB éxet dEoveg coppetpiog T peco-
KaOeTO TOL U KOl TOV Popéa Tov € (oy.45a).
* H evbeia x'x éxer aZova cvppetpiog kdbe gubeio e 1x'x Ko
v 0w ™ x'x (oy.45p).
Sy 44 * O kbKlog &xet aEova cuppetpiag to opéa d Kabe dSapéTpou
tov AB (oy.45y).
* To 1oookerég Tpiywvo ABIT (AB=ATI) éyxel dova ocvppe-
Tpiag To Popéa L Tov Vyovg AA (oy.450).
* To 106mAevpo Tplywvo £xel AEOVO GLUUETPIOG TOVG POPEIS
TOV TPLOV YOV ToV (0).45¢).
( n
(o) ®
E®APMOI'H B
"Eoto po evleio € ko éva tpufjpa AB Tov omoiov 10 éva Gkpo A givor A T N,: { .
onueio g & Na amoderydei 6TL T0 oVPPETPIKO Tov AB (g Tpog TV € 2 'K |
givan to Tppo AB' ioo pe 10 AB, 6ov B’ To cuppetpuco tov B g mtpog M '&B,
m™mv e
Am6deEn 2Zynua 46

To ovppetpkd Tov A ®¢ Tpog TV € givorn To 1010 0 A, 0pod 10 A givon onpeio ™m¢ €. Ereidn n €
etvon pecokdbetog Tov BB, eivan AB' = AB. Xt0 10ookeléc tpiyawvo ABB' ) AA eivar vyog kot
dqpecos, dpa etvon kon OtyoTopOG, dNAoom Al = Az "Eoto onueio M tov AB. ®épovpe MK Len

omoia dtav mpoektadel Tépvel To AB' oto M'. Xto tpiyovo AMM' 1 AK eivan Dyog kon Siyotdpog
(0pod Al = Az), dpa gtvon kon ddpecog, omiaon KM' = KM, ondte to M’ gfvon coppetpicd tov M.

Opow amodencvoetar 0Tt To GuPUETPKO KB onpeiov Tov AB” givon onpeio tov AB. Apa ta AB,
AB' gfvon cuppeTpcd g Tpog v &.

52
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Aoknosgig Epnédomong

1. No ayedidoete tovg déoves ovuuetpiag twv ypapud-
v: A,B,A,H,0,T, X, Y.

2. Atveton tpiywvo ABI xoi onueio O. Av A, B', T
eivou ta ovppetpixd twv A, B, I wg mpog o kévipo O
avtioroyya, vo. amoderyOei ot ta tpiywva ABI] A'B'T
eivou ooppetpika wg mpog 7o O kai ioo.

ABI:

3. Av x'/i’y’ elvoul 1 oOUUETPIKY THS YWVIOS xﬁy, 0ls
TPog KEVIpo ovpuetpiog évo onueio O, eéwtepiro e

2 p i) OM = OM",
xAy, t0te va amoderylei ot x'A'y' = xAy.

AvieoTikEg cyéoelg

21V evOTNTO AT ATOOEIKVOOVLE TNV OVIGOTIKY] GYECT| TOV
oYVEL LETAED LG EEMTEPIKNG YOVIOG EVOG TPLYMDVOL KOl TOV
AMEVAVTL YOVIOV TOV KO TNV OVICOTIKN] GYE0T TAELPAV Kot
YOVIOV £vOg Tptydvov. Emiong, mapovoidlovpe v tprymviky
avicOTNTO.

3.10 Zxfon e§wiepikng ka1 anfévavil yoviag

Ka0g sEmtepuci] Yovia evog Tpry@dvov givon peyoridtepn
06 KoOepia 0o TIS AMEVAVTL YOVIEG TOV TPLYDOVOUL.

AmodeIln

‘Eoto tpiyovo ABI. ®épovue ) didpueco BA (oy.47) kot otnv
mpoékTaon ™G, mpog to A, Bswpovue onueio E, wote
AE =BA. Ene1om) 10 E Bpioketol 610 e00d01Ep1Ko TG YOViog TAx
EYOLE TAE <TAx = A&E . Opog ta tpiyova BAT kot EAA givon
toa yuti &ovv: BA = AE, AA = A" ko ﬁl = 82 ,
I'= IAE. Ano ™V TEAELTAIO 1GOTNTO KOL TNV TAE < Ae& Tpo-

onote

A A A A
KOTTEL OTL A'gg > I'. Opowo amodetkvieTat OTL Kot A&i > B.

ITOPIZMATA

(i) Kabe tpiymvo £yel to mold o yovia opty 1 apfieio.
(ii) To GOporopa 6v0 YyOVIOV KAOE TPry®VOL givan pikpo-
Tepo TV 180°.

ii) o onueia M, O, M" eivor ovvevBeiaxa.

4. Na amodeilete 61 T0 GUUUETPIKG EVOS TPLYHVOD
ABI” wg mpog v evbsio. B givar piywvo ico e to

5. No amodeiéere 6t n Siyorduog mag ywviag eivor
adovag oouEeTpiog TG

6. Eorw &, &' 000 kdbBstot mov éuvovtar aro O Kai évo,
woyoio anueio M. Av M' eivou to ovuuetpixo oo M wg
mpog € kou M" to ovuuetpixo tov M' wg mpog &', Kote
vo, amoogilete OtL:

Zynuo 47
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Zytiuo 48

XXOAIO

To oimAavo wopioua (ii) eivor to
ovtiotpopo tov mopiouarog 1
¢ § 3.2. To 6vo avtd mopioua-
70, ovvoyiloviol ato &CHG: Eva
PIYWVo EIVal 1600KEAES av Kal
LOVO av el OVO YWVIES IOEG.

54

3.11 Avi00TIKEG OXE0EIS MAEVPDOV KAl YOVIOV

Ye kG0e Tplymvo amévavtt and aviceg mievpég Ppi-
GKOVTOL OO0 (VIGES YMVIES KOl AVTIOTPOQU.

Améoeln

‘Eoto tpiyovo ABI pe B > vy (oy.48). Tote vrdpyet povadiko
ectepkd onueio A g AL, wote AA=AB. To tpiyovo ABA
etvar ioookerég pe Baon BA ko emopévag B, =A, = o. Eneidn
N BA givar ecotepikcn npuevdeia g yoviog ]§, givon B > ]§1,
EVO M Al, ¢ e&mtepikn yovio Tov Tprycddvov BAT givon peya-
AMtepn amd ™ f, oniadn 31 > T'. 'Erot EYoupe B> o xu
o> f, EMOUEVMG B>T.

Avtiotpo@a. Eoto tpiyovo ABI pe B> T'. Tote Ba elvarn ko
B>y, yoti av qrov B =y 7 B < v Oa elyopue B = T 7
B < T avrictolya, mov eivar dromo.

ITOPIZMATA

(i) Av mo yovia gvog Tpry@vov givar opOn 1 apPreia, Tote
1 amEVAVTL TAEVPA TG Elvar I PEYAAVTEPT TAEVPA TOV
TPLYOVOUL.

(ii) Av éva Tpiymvo &yel 000 yovieg iogg, TOTE givon 160-

okeAéC.

(iii) Av éva Tply®Vvo £XEL KOL TIS TPELS YOVIES TOV 16EC, TO-

1€ givon 160mAgvpo.

3.12 Tpiywvikn avieotnta

I'vopilovue 611 0 cuvtopdTepog dpopog petald dvo onueimv
elvar m gvbeia Tov Ta cLVOEEL. AVTO ekPpaleTatl amd TO EMOLE-
vo Bempnpua.

Ké0e mievpd tprydvov givar pikpdotepn oamé 1o a-
Opospo TV 600 GAA®V Ko peYaAVTEPN 0O TN Ol0-
@opa Tovg.
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An6dEIEN

‘Eoto tpiyovo ABI. Oa amodeifovpe apywd otL o < B + vy
(0%.49). TV avtd mpoekteivovpe v mhevpd BA, mpog 1o A,
kot tunua AA = AT Tote to tpiywvo ATA givor 160oKeAEG
kot 1 TA ecotepien nevdeia g BfA, 0OTOTE £(OVUE AVTi-
oTOoLO A= fl Ko f1 <BTlA. Ano TIC OYEGELS AVTEG TPOKVITTEL

ot A < BfA, and TV omoio. COLPOVO LUE TO TPONYOVUEVO
Beopnuo cvumepaivoope 61t B <BAMa < + 7.

Opota mpokvmtel OTL B <y + a ko y < a + B. And T1¢ ovie0o-
TNTEG AVTEG, OVTIGTOLYO TPOKVTTEL OTL oL > B — v, av =y 1
a>7y—PB,avy =P, onladn Kol 6TIG OVO TEPUTTOCELS OYVEL
o (ntovpevo. Emopévmg:

B-y<a<B+y, p=vy

Kaé0g yopon kvxiov givan pikpdotepn 1 ion g SwopéTpov.

E®APMOI'H 1q

Av M ¢gival éva e60TepIkd onpeio gvog Tpryovov ABI va A
amodeyyOei 6TL:
(i) BMT > A
(i) MB + MI" < AB +AT. B T

Améoeln
(1) 'Eoto A (0%.50) to onpeio toung g mpoéktaong tov BM
pe v AL H yovia BMI givan eE@tepikn oto tpiymvo MAT kot emopévog BMT > 31- AANG

2ynua 50

n Al etvon eEmtepikn oto tpiywvo ABA, ondte Oa ivan 31 > A. Apa Bo givon ko BM > A.
(i1) Me gpappoyn g TpLY®VIKNG ovicoTnTog ota Tpiymva ABA kot MIA mpokdnTovy avti-
GTOLY0. Ol AVICOTNTES
MB + MA < AB + AA xoun MI' < MA + AT.
[TpocOétovtag katd puéin Bpickovue:
MB + MA+ MI' <AB + (AA+ Al') + MAW MB + MI' <AB + AT

E®APMOI'H 20

‘Eoto tpiyovo ABI' ko onpueio A g migvpdg BI. Av woyvovv

000 00 TIG EMOPEVES TPOTAGELS:
(i) To Tunpa AA givan dwdpeooc, BL_A r
(ii) To Tunpa AA givan dryotépog,

(iii) To Tppa AA givan Vyog,

1071€ 10 Tpiywvo ABI givon 16ookeréc pe faon BI.

Avon

‘Eotom AA dtyotdpog kat didpecsog tov tptycdvov ABIC (6y.51). TIpo-

W

- igﬂ
=
S
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smswovus 10 AA xatd ico Tuqua AE. Tote ta tpiyova ABA Kau AT'E givon 10(1 (BA=AT,
AA=AE, A A2 ¢ katakopvenv). Apa AB =TE (1) KouA E. An6 mv A E TPOKVTTEL
Al =TE (2), apo0 AA d1yotop0g, omoTE A A2 E. Ané 116 oxéoels (1) ko (2) mpokvmel

01t AB=AT. Av AA givor Dyog kot 018pecog 11 VYOG Kol OYOTOUOS TOTE EVKOAN OTOOEL-
Kvoetal 0Tt ta Tpiyova ABA kot AAL glvar ioa, otote AB = AT

E®APMOI'H 3

Av dv0 Tpiyeva £ovv 000 Thevpéc logg Ko TIG 2 A
TEPLEYONEVES YOVIES AVIGES, TOTE KoL O1 TPITES

mhevpéc Oa givor Opowa Gviceg Kol avTioTPoQa.

Améoedn

Ac Bewpnoovpe ta tpiyova ABIT kot A'B'T' pe

AB=A'B", AT = AT’ xat A> A’ (6%.55). B =T B

Oa anodeiEovpe 6Tt BI' > B'T'. Apov A>A, vrap- N/

YEL €0MTEPIKT Mevbeion Ax g A této10, dote A\x

BAx = A’. ave otV Ax Oeswpovue onueio A, Zynuo 52

wote AA = A'T'. Tote ta tpiyova ABA kot A'BT' eivan ioa (ITI'TI). Apa, BA = B'T".
Ddépovpe katomy ) dryotopo AE ¢ yoviog AAT, ondte oynuatiovtor Vo ica Tpiywva

ta AAE xat ATE, dpa EA = EI. 210 tpiywvo BAE, é&yovpe and tnv tpryovikn avicdtnta 0Tt
BA<BE+EA 1 BA<BE+EI'  BT' <BI.

AvtioTpo@a. Ag Oewpnoovpe 6t ota tpiyove ABI koaw A'B'T” eivan AB = A'T", AT’ = A'T”
kot BI' > B'T". Av ftav A=A, 161¢ 0o elyape 61t BI' =BT, evod av ftov A<A’, 6o elyope
ot B'T" < BI, nmov givan dromo. Enopévac, A>A

E®APMOI'H 40

Aivetar o gulsgia €, 000 onueioa A,B mpog 10 1610 pépog
TNG KO TO GUUMETPIKO A’ ToV A ©¢ Tpog TNV € (Xy.53a).
(i) T'vo omowoonmote onueio M g &, vo amoderyOei OTL
MA + MB = MA’' + MB = A'B. Iléte t0 @0poropa
MA+MB maipvel T pikpotepn Tov TYU);

(ii) Xra onpeia A, B, I' (6%.53P) Ppiokovror Tpelg KOpPOmTo-
rews. Kovtd og avtéc oépyeTton odmpodpopki) ypopup,
TAve oTNV 0Toi0 TPOKELTUL VO KOTUOKEVA.oOEL 6TOONOG X.
Y. Moo onpeio Tpémel va KoTaokevoohel 0 6TaOpidg, Mote
0 dpopoc AXI'B va givan 0 ehdy16T0g dUVaTOG;

Avon B)
(1) Emeon 1o A’ givan ovppetpikd tov A ©¢ Tpog v €, M €

elvar pecokdBetog tov AA’, ondte MA = MA' ko emopévag

MA + MB = MA’' + MB (1). Av 10 M dgv givar onueio tov
tuipatog A'B and 1o tpiyovo MA'B, éxovpe MA' + MB > A'B (2), evod av 10 M givan

—~
(=}
~

>‘ :____'j'____7>

>

__—/f-'7
I

>
os)

Zynuo 53
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onpeio tov A'B’ éyovpe MA'+ MB = A'B (3). A6 (1), (2) ko (3) mpokdntel 611 MA + MB
= MA" + MB = A'B ka1 611 to MA + MB maipvel ) pikpdtepn tov i A'B, dtav
M =M, 6mov M, t0 onpeio topfg g & pe 70 A'B.

(i1) Opowa pe to (i).

AXKHXEIX I'TA AYXH

Epomioeig Katavonong

1. Xapaxtypiore ws oworiy (2) 1 Adbog (4) kabeuio
OTO TIG EMOUEVES TPOTATEIG:

i) H eCwtepixn yovia ‘294: p1ycwvov ABI

eivau ueyodvrepn amo ) I Z y|
ii) H elwtepixn yovia l?i’gf piycvov ABI”

elval pIKpOTeEPN oo T I Z A
iii) To aBporoua 560 ywviwy evog

p1yavov eivar 180°. Z A
iv) Av B > y (o€ piywvo ABI),

10t¢ B = I ka1 avtiopogo. 2 A
v) Av B =y (o€ tpiywvo ABI),

w6te B = I kau avTioTpoga. Z Y|

2. Ta 10 TpiywVvo 10V TAPAKET® CYHUATOS IGYDEL:
oo=7 Poa=1 1y I<a<7 6.0>7 & 0<a<l
Kordadote to ypdpuo g owotig omavTnons kol aitio-
Aoynote v amavyon oog.

o

3. Yrdpyer tpiycwvo ABI ue o = % Ko ff = ? Aixouo-
Aoynote Ty omdvnon oog.
Aoxnoeils Epnédomong X
1. X0 napaxérw oyijua givor B, > I', . Na amodeilete
on éz > 90°.

A

2. Av oe kvpt6 tetpdmicvpo ABIA 1oydovy AB = Bl
ki A = f va amooeilete o1t AA = IA. Ti ovumepoivete
yio. T BA;

3. Aivetar piywvo ABI e B-I i) Ti gidovg ywvio
eivar é ii) Na amodeilete ot1 10 DWog omod TV
rxopopn A téuver v gvbeio BT o¢ cowtepiko onueio
¢ mAevpag BIT

4. Aiveran tpiywvo ABI xou onueio A ¢ nuisvbeiog
Bx mwov wepiéyer to A. Na arwodeiere ot i ywvia BAT
evor ueyodvtepy, ion ) LKPOTEPY THS YOVIOS BAT, av
70 onueio A Ppioketor uetold twv B kou A, tovtileton
ue 1o A 1 Ppioketou petd o A, aviioroya.

5. Av M onueio g Baonc BI™ i6ookelode tprycdvon
ABI va amodeilete 611 AM < AB.

6. Z¢ opOoyirvio tpiywvo ABIC (/f =90°), n dryoTouog
e YWVIag r téuver v whevpa AB aro A. No. amodei-
Cete o1 A4 < AB.

7. Eotw tpiywvo ABI ka1 O onueio oto e6teptid tov
piyawvov. Or BO kou 'O téuvovy g A" kot AB ota
onueia A kor M avtiotorya. Av ioyver ott BO = 10 kau
04 = OM vo. arodeilere ot 10 iywvo ABI eivai 100-
OKEAES.

8. Eotw 1600Kelés tpiywvo ABI (AB = AI) ka1 K, A
0. peoa twv AB kou AL avtiotorya. No amodeicete ot
av 01 eEWTEPIKES ILYOTOUOL TV YWVIODY TOD Bxa Il
éuvovtar oto onueio A, tote 10 piywvo AKA eivai
1000KEAEC.

9. Ozwpodus 10ookeléc tpiywvo ABI (AB = AI) xau I
TO OHUELO TOUIG TV OYOTOUMY TV YWVIDOY é I Na
oamoodeilete otL:

i) To tpiywvo BII eivar 1000KkeALS,

ii) n Al eivou diyotouog g A.

10. O1 kwpomdieic K, K, K, axéyovv amd tn woin 11
(mopoxerw oynue), amootaoels 7, 6 kou 10 km ovri-
ororya. Evo ovtokivito Cekivaer omo TNy KWUOTOAN
K, kou axolovfcwvrag t diadpow K K K K, emiotpé-
per oy K. O yihiouetpntig tov ypagper 011 yio. ot

-
i
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™ O1dpoun omvooe amooroony 48 km. Eivou avto
ovvarov, Aikaioloynore TNy axavInoy oog.

K,

f h

K, K3

10km

ATOOEIKTIKEG ACKNOELS.

a
1. Av e wpiywvo ABI ioyder u, < > Vo amooEileTe Ot

A>B+1 Ti 1oxber oTav p, =% n ,ua>%;
2. Eotw tptywvo ABI ue AB < AT kaa M 1o uéoo g
BI’ No. amoodeilets ot AMT > AMB.
3. diverar tpiywvo ABI ue AB < AT kou n diduecog
AM. No omodeilete oti:
i) MAB > MAT,
By B+y
ii) 5

2 2
iii) p, + Hy t 1, < 2z
4. Eotow kbxiog (O,R) Srouétpov AB kou onueio X i
nuievleias OA. Tio kabe onueio M tov kdxAov va
amooderytei ot1 XA = XM = XB. (To qufjua XA Aéyetou
omoaTaon T00 X omo TOV KOKAO).

<Iua<

5. Eotw piywvo ABI Av 5 diyotopos 6, téuver kdle-
Ta TN JLGUETO U . Va amoogilete ot

i) A" = 24B,

ii) AB < BI!

6. Eotw kixioc (OR) kou 6o t6cn AAB, TA. Ay
AB = 2I"'A va amooeiete ott AB < 2IA.

7. X 5vo dvico 160 VO KDKAOD avTIGTOLYODY YOpIES
0010, BVITES KO QVTIOTPOPO.

Yovleta Ofpata
1. Eotew xvpté tetpinisvpo ABIA kou O eowrepid
onueio Tov.
i) Na amodeilere ot
AB + BI' + ITA + 44

OA + OB + O + 04 > 5

ii) I'io. o Béon Tov O t0 dbpoiauo.

OA + OB + OI' + OA4 yiverou glayioro;

2. Xe wpiywvo ABI (AB < AT) mpoekteivovue tig mhev-

pés BA xou IA mpog to pépog tov A kard tunuoza

AA = AT kou AE = AB avtiotoiya. H evbeia AE téuver

v evbeio. BI” oto anueio M. Na omodeilete Oti:

i) 70 tpiywvo MBE eivou 1000keAES,

ii) n dyrotouog s BME diépyetar omo to onueio A.

3. Eotw O 10 onusio tounc tov Siaywvioy svos kop-

700 teTpamievpov ABIA. Na amodeilete oti:

i) KGBe d10ydVIOS glval WIKPOTEPY THG NIUTEPYUETPOV

TOV TETPOTAEDPOY),

ii) AI'+BA>AB+IA kow AT+BA>AA+BI,

iii) 70 afpoicua TV doywviwy givar ueYOADTEPO THS
NIATEPIUETPOD TOD TETPATAEDPOV KAl UIKPOTEPO THG
TEPIUETPOD TOV TETPATAEDPOD.

4. Z10 eowepiié opOic yoviag xéy Oewpodue onueio

I" kou otig whevpég s Ox, Oy ta onueio A, B ovtiotor-

xo. No. arodeilete ot n wEPIUeTpOg T0v TPIycdvov ABIT

etvar ueyodvrepn amwo 20I.

3.13 KaOsieg ka1 nddyieg

‘Eoto po evbeia € (0.54) kot éva onueio A ektdg avtc. Amo
10 A @épovpe Tpog TV € TV kdBeto o ko pa wAdye £ Ot
evbeieg 0 kau £ tépvouv v € ota K ko B avtictoya. To K,
Omwg etvar yvwoto, Adyetor TpoBoAn Tov A Tavem oty € 1) {yvog
¢ kaBétov o mhve otV €. To B Aéyetan iyvoc g evbeiog { N
tov Tupatog AB mdve oty €.
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Osxopnpa I

Av V0 TAdYw0 TppaTe givan ioa, TOTE TO iV TOLG
160EYOVY 0o TO iYvog TS KAOETOV, KUl AVTIoTPOPO.

AmodeIln

‘Eoto AB kot AT" dvo ica mhdayio tunpate kow AK 1o kébeto
tunua (oy.55). To tpiymvo ABI givan 16ookerég kot to AK
VYOG ToV, emopévag Ba sivar ko didpecog, dniadn KB = KT
Avtiotpo@a. Eotw 611 KB = KT Xt0 tpiywyvo ABI 10 AK &i-
var Oyog kot dtdpecsog, apa (spapuoyn §3.12) to tpiymvo
etvan 1oookeAég oniadn AB = AT.

Ozswopnpa Il

Av am6 éva onpueio ektdg gvBeiog pépovpe 10 KAOeTO
Kol 000 TAdylo ev0VOypoppa TpqpoTe TOTE:
(i) To kaOeTo TP PO Eivor PIKPOTEPO 0.TO KAOE TAGY0.
(i) Av 6v0 wAGYW TPpOTO Eivar Vi, TOTE Kot oL
OTTOGTAGELS TOV LYVAOV TOVS 06 TO iyvog TNG KO-
04tov givar opoOTPOTMS AVIGES KL AVTIOTPOPU.

AmooeIln

(1) Zto opBoydvio tpiywvo AKB (0%.56), n yovia K siva 1 ue-
yoAOTEPN ®¢ opBn. Emopévog n mievpd AB elvar n peyadd-
TEPN TAELPA TOV TPLYDOVOL Ko, dpa, AB > AK.

(i1) 'Eoto gvbeia € kol onueio A extdg avtng. Osmpodpe v
KkéBeto AK oty € Ko dvo mhdyw tunpata AB, AT, 6mov B,
I' onueia g € (0).57).

Xopig PAaPN g yevikdOtnTOg, pmopodue va vrobécovpe Ot
Kat T dvo iyvn B, I' tov mAdywwv tunpdtov avikovv otnv
o1 nuevbeio mov opilet to onueio K.

Ac vrobBécovpe 6Tt KI' > KB (0%.57). Oa amodeifovpe 0T
AT" > AB. Agov 10 B givar peta&d tov K, I, n ABT sivon eCwte-
pikn Tov ophoydviov tprydvov KAB, emopévag ABI' > K= IL,
onAaon n ABI sivan appreia. Xto tpiywvo ABI 1 mievpd AT
Bpioketon amévavtt amd v A]A3F, OLVETMG tva 1 peyolvtepn
TAevpd TOV TPry®Vov, dniadn AI>AB.

Avtiotpo@a. Agvnobécovpe 0Tt AI' > AB. Av ntav KI' = KB,
tote Oa elyope AI' = AB, mov eivan dromo. Av KI' < KB, tot1e
oOUP®VO PE To mponyovuevo Ba eiyape 6Tt AT < AB, mov
elvan emiong dromo. Emopévarg KI' > KB.

XXOAIO

Tyv 1010tyT0c (i) 00 Ocwprua-
706 11, wov Eyer to kalbeto Tunua
ovviibwg exppdlovue Kor wg: N
oamoaToon evog anueiov A amo
uio evbeia € ivor parpotepn awo
™V amootaoy 100 A amo ToYoV
onueio e evbeiog.

2o 57
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AYKHXEIX I'TA AYZH
Epomosig Katavoneng 2. o mopakdrw cyijue to AH eivor dyog kar didue-
Av AB, AT" whdyia qunuazo. wg mpog wia gvbeio ¢ kou  60g 00 piywvov ABIT Na ovykpivete ta tunuoto AB,
AK 7o xabero tunua, tote: Al kou AA.
1. Zouminpdote tic mapardrw 10odvvauieg A
) AB=Al'S ..o
ii) AB>Al'S.................

2. Xapaxtypiote wg owotii (X) 1 Adbog (A) xabsuio
070 TIG TOPOKATW CYETELS KOL OUTIOAOYHOTE THYV QTG

VTHon oog.

i) AB>AK Z A

ii) AB=4K Z A B

iii) AB<AK 2 4 B H r A

Ackiioeig Epmédoong 3. Aiveton tuuo AB, onueio P g pecoxabétov tov

Ko pio evbeio & mov digpyetal amo 1o A.

i) No. ovykpivere tic aroordoels tov P amo v evfeia
€ kai o onueio B.

ii) lloio mpémer va eivar n Oéon s evbeiag €, wote ot
OTOCTAOEIS ODTEC VO, EIVAL [OES,

1. Znig kdOereg mhevpéc AB, AT opBoycdrviov tprycdvon
ABL Bewpovue to onueio A, E ovtiotoya. Na awo-
Ogleete Oti:

Evlcia ka1 kvrxiog

3.14 ixsukég Ofoe1g evOeiag Ka1 KUKNAOL

Bewpovpe évav kukro (O,R) o gubeia x'x kot v amdoToom
0 = OA tov kévtpov O amd v xX'x (6%.58). Meta&d tv O kot
R woyver pio and t1g oyéoeic: 6 > R, 8 = R xon 6 <R. Oa e&etd-
GOVLLE T1) YEMUETPIKN epunveia kabepiog amd TI GYEGELS AVTES.
* Eotom 8 > R (oy.58a). Tote 0 A glvan e£mtepikd onpeio Tov
KOKAOL, omoTE Ko KABe dAro onueio M tng gvbelag eivon -
tepcd, apov OM > OA > R. Enopévaog, n x'x dev €yetl kaveva
Koo onueto pe tov KOKAO ko Aéyeton eCotepirit) gubeia Tov
KOKAOV.

*'Eoto 6 = R (0%.58B). Tote 10 A givar kowvd onueio g gv-
Oclag pe tov kOKAo, eved kbbe dAlo onueio M g x'x eivan
eEmtepkod onpeio tov (O,R), apod OM > OA = R. Enopévag,
n X'x €gel éva pdvo koo onpelo pe Tov KOKAO Kot Adyston
epantopsvy) 1oL KOKAOL 6to onueio A. To onueio A Aéyston
onucio emapijc g evbelag pe Tov koxkro. Eniong, oty me-
pintoon avt Aéue 0Tt N gvbeia XX epamTETOL TOL KOKAOL
(O,R) o710 onpeio A. Eivar @avepod ot
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H oaxtive mov katal]yel 6To onpueio era@ng eivorl kKaOeTn
OTNV EQUATONEVT).

H gpontopévn Tov kOKAOL o€ KGOE onueio Tov gival pova-
oK.

*’Eotm 6 <R (0y%.58y). Tote 10 A elvan ecmteptkd onpeio Tov
KoKAoV. [Tave omv nuevdeio Ax Bewpovue éva onueio M,
wote AM =R. Tote 10 M elvar e§mtepikd onpeio Tov KOKAOL,
apov OM > AM = R. "Eto1 n nuievbeia Ax, apov diépyeton
amd €va ecmTEPIKO onpelio, To A, kot éva eEmtepko, To M, &i-
vatl eoavepd OTL EYEL Eval LOVOOIKO KOVO OMUELD LLE TOV KUKAO,
7o B. Opota ko n npuevdeio Ax" £xet €va Kowvo onpeio e tov
KVKAO, T0 B'.

Emopévmg, n x'x €yer 600 kowva onueio pe tov KOKA0. XtV
mepintwon avt) 1 evbeia X'X, Aéyeton téuvovoa tov KUKlov
Kol To, KOwa TG onueia pe to KOkAo Aéyovton onueia ropc
™G pe Tov kokAo. Emiong Aéue 6t1 n evbela r£uver Tov KOKAO.

AVOKEQPOANIDVOVTAG EYOVLE:

* Av 0>R, 1 gv0B¢cia dev £l Kowva onueio pg Tov KOKAO.

* Av 6=R, 1 gv0sia £xer éva pévo kovo onueio pe Tov KOKAO.
* Av 0<R, 1 gv0B¢cia £xel 0V0 KOVA oNpeia pe Tov KOKAO.
Me v pébodo g amaymyng 6€ ATomo AmodEKVOOVTOL KOl TO,
aVTIOTPOPO, TOV TOPATAVED GLUTEPACUATOV. Me Vv 010
emiong nEBodo amodekviETOL Kol TO ETOUEVO Bedpnua.

Ocsxdpnpa I

M gv0¢io Kon Evag KOKAOG £(0VV TO TOAD 600 Kowva,
onueio.

AmodEIEn

Ag vmobécovpe 6t Lo evbeia € kat Evag kKokAog (O,p) Exovv
tpia kowvd onueia, Ta A, B, I' (oy. 59). Eneidny OA = OB (= p)
kor OB = OI' (= p), ot pecoxdBetor E,C tov AB, BI' avri-
otoya, oEpyovtal and to O. 'Etol amd 10 onueio O €yovue
dv0 dapopeTikég kdbeteg oy € T1c &, €, mov eivan drtomo.

Ano t0 mponyoduevo Bempnuo TpokOTTEL OTL TPICL OTOLOONTOTE ONUELQL
£vog kbrAov dev givar ovvevbetoxa. Xtnv § 4.5 Qo dodue ot ano tpia un
ovvevbelaxd onueio O1EpyeTol Evag KOKAOG, IOV EIval Ko [LOVOOIKOG.
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3.15 E@amopeva tpnpata

‘Eoto évag kokAog (O, p) ko éva eEmtepikd Tov onueio P. Xtnv
§ 6.7 Ba dovpe 6tL amd T0 P pépoviar dV0 EQOUTTOUEVEG TOL
KOKAoL. Av A, B givar ta onpueio emapng avt®v pe Tov KOKAO
(0%.60), tote Ta TUAHOTA PA ko PB Aéyovton spamriusva
TujpatTe. Tov KOKAov amd 1o onueio P kot n evbeia PO
olaxevrpiry evbeio Tov onueiov P. Ioyvet to e&ng Bedpnua:

Osxopnpa Il

Ta gpantéopeva TpfqpoTe KVKAOL, TOL Gyovrol améd
onpeio €ktog avTOL givan ica peTa&H Tovg.

Améoeln
Ta tptywva AOP kot BOP (6%.60) £xovv A= B=90°, OP ko
kat OA = OB (= p), dpa eivar ica, ondte PA = PB.

ITorizMA

Av P givan éva eEmTepko onpeio gvog KUKV, TOTE 1) H10-
KEVTPIKI] gv0sia Tov:
(i) eivan pecokdBdeTog TG YOPONGS TOL KUKAOVL pE dKpa Ta
onueia eTagg,
(ii) oroTopEl TN YOVIO TOV EPUATONEVOV TUNURATOV KoL T1)
YOVIO TOV OKTIVOV OV KOTOAYOUV 6TA GY|UEiC ETaQNC.

AXKHXEIX I'TA AYXH

Epomoeg Katavonoeng AB. Xopoxtnpiote w¢ owoth (X) 1§ AdBog (A) kabsuio
1. [I6te a evbeio éxst Sbo, éva i kavéva koo ony- 0 e TOPAKATO TPOTOCELS:

Uelo e Evav koxlo;

A
2. Eivai Svvotdév 010 WopoKdTm cyfua Vo ehvou
OA = OB = OI’; Aikaioroynote thv omGvTnol 6og.
2 (0) N

K A
0 M
B

i) PA = PB. ) Y
& ii) H PK diépyeror amo o O. Z y|

£ E " iii) H OM diépyeror amo
) ) ) ’ 70 P, 4, N. ) y|

3. Zro mwapakdrew oyiuo ta PA, APB EIVal EPOTTOUEVE. ) anoémam] 00 AM Styotouei Tic

Tﬂ’iﬂamrjj = IQIXOTéﬂOG ¢ APB, ta. 4, N uéoa twv yawvieg APB, AOB kou 10 100 ANB. Z A

0éwv AAB, ANB avtiotoiyo kot t0 M uéco g xopons
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Aoxnogig Epnédmonc

1. Av éyovue 5vo oudrevipovg kbriovg, va ecnyroete
Y107l OAES 01 YOPOES TOV UEYGAOV KDKAOD TOV EPATTTO-
vTar oTo pikpo KOkAo gival ioeg.

2. Aiverar kbrlog (O,p), pio Sicuetpos tov AB kai ot
EPOTTOUEVES €, €, TOV KUKAOV ota A,B. Av jua tpity
agoaon,uévn & téuvel Tg €, €, ota I, A, va amodeilere
ot 1’04 = 90°.

3. Ané eéwrepid onueio P kdxiov (O,R) pépovus o
epamroueva tunuore, PA kou PB. Mio ity epomtoué-
vy aro onueio E tov koklov téuver 1o PA kou PB ota
onueia 1,4 avtiotorya. No fpebei n mepiuetpog tov pi-
yavov PIA w¢ ovovaptnon twv eparwtopevoy qunuatwy
PA kou PB.

3.16 Xxcukég O€oe1g 6V0 KUKAWY

ATOOEIKTIKEG ACKINOELS
1. Na amodeiéere 61 ddo onusio piag epamrouévng
KOKAOD, TO. OTTOIO 1GOTEYOVY A0 TO OHUEIO ETOPHG,
amEYOVY 101 ATOCTO0N OT6 TOV KOKAO.

2. Ané onueio M ecwtepind tov xbriov (O,R) pépov-
e g epamroueves MA,MB tov xbxlov. Ipoekreivoo-
ue 10 OB kota oo tunuo. BIT Noo amodeitete ot i
yovia AMT giva PITAGOLO THS BMI

3. Anb efwrepixd onueio P evéc xbxiov kévipov O,
pépooue ta epamtoucva tunuato, PA kor PB. Av M
evor €va e0wTEPIKO anuelo Tov 0BDYpoLyLOD TUN
OP vo. amodeilete Ot MAP= MBP.

Oewpodpe dvo kokiovg (K, R) kat (A, p) pe R = p. Ot oyett-
K& ToVg Bé0¢e1g paivovtal 6To mapaKaTe oyfua (oy.61a).

2xnua 61a

To guBVOYPOLO TUNLLOL TTOV EVMVEL TAL KEVTPO, JVO KOKAMV AEYETOL
OLAKEVTPOS TV dVO KOKA®V kot cupfoAileton pe o (oy. 61P).
O oyetikég Béoelg 600 KOKAWMV E0PTMOVTAL OO TN GYECT TNG
SKEVTPOL LE TO ABPOIGHA 1] TN OLALPOPE TOV AKTIVAOV TOVG.

Al0KpiVOLLLE TIG TOPAKATO TEPUTTAOGELS:
» KYkhor yopig kowva onpeio

(1) O xdxrog (A, p) Ppioketor oto g6@@TEPKS TOL (K, R), av

OPE
FOPT

2yua 615
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Zynuo 63

~

S~ "

w“

2ynuo 64

il B\

2ynuo 65

Kot povo av 8 < R — p (oy.62a).
(i1) Ot xOxhot (K, R) xar (A, p) Bploketat o €vog oto eEmTe-
PLKO TOL GAAOV, av Kot povo av & > R + p (oy.62¢).

* Epanopevor kdkiou

(1) Ot kbkhot g@dmTOvVTOL E6MTEPIKA, dNAAON €xovv éva
Kowo onueio kat o kKOKAOG (A, p) Ppiokerol 610 £6MTEPIKO
tov (K, R), av kot pévo av & = R — p (oy.62p).

(i) Ot xOKAOL g@amTovTol eEMTEPIKA, OMAADT Eyovv éva
Koo onpeio kat o évog Ppioketarl oto eEmTEPKO TOL AALOV,
av kot povo av 8 = R + p (0%.620).

To xowo onueio 600 gpanTOUEVOV KOKAW®V AEyeTon onjpucio
emapijc xou glvar onueio g olakévipov.

[Ipdyparti, av o onueio enagng A (oy.63) dev etvan onpeio g
dwakévpov, tote amo to Tpiymvo AKA éyovpe KA <KA + AA,
onradn 6 <R + p, mov eivan dromo.

* Tepvopevor kKOKAOL

Ot k0K oL TEPVOVTORL, ONANOT| £x0VV 800 Kowva onpeia, av Kot
poévo av R — p <6 <R + p (oy.62y). To gvBOypappo tunpa
AB mov evavel ta Kowvd onuela AEyetat Korvij yopor Tv 00O
KOKA@V. loyvet to emduevo Bemdpnua.

H 1GxevTpog 600 TEPVOPEVOV KUKA®V Eival HECOKE-
0gT0g TNG KOWVI|G YOPONG TOVG.

Améoeln

"Eoto ot kokAot (K,R) kat (A,p) tov 6%.64 kot A, B to onpeia
toung Tovc. Emedn KA = KB = R, 10 onueio K eivar onueio
¢ pecokabétov tov AB. Opowr and mv AA = AB = p
TPOKVTTEL OTL Kot TO A givar ompeio g pesokadétov tov AB.
Apa, n KA elvar pesokdbetog g kowng xopdng AB tov kv-
KAOV.

IMAPATHPHXH

2y mepintwaon wov o1 teuvouevor kvxiot (K, R) kou (4, p) (oy.65) eivou
foo1, oniaon Epovv R = p, 10te ka1 1] Koivi) Yopon €ival UecokGOETOS THG
O10KEVTPOD.

IHpayuor, emeon R = p, Qo eivor AK = AA kor BK = BA. Apa to A kou
B etvar onueio g peooxabéron tov KA kou ewopévag n korvy yopon AB
eivau pecokabetog g droxévipov KA.




TPII'QNA

E®APMOI'H

Avo KOKAOL g@dmTovTol eEMTEPIKE 6T0 A (0).66). Mia B o
gvleia € epanTeTOL KO 6TOVS HV0 KUKAOVG ota B, I avti-
oTOLY0, OTTMG 6TO 0).66. Na amwoderyOei o1i:

(i) H gepamtopévn £ Tov £vOG KOKAOL 6TO A givor Kot EQa-

ATOREVY TOV GALOV.
(ii) H gv0¢ia { d1yotopei To tpufqpa BI.
Améoeln

(1) 'Eoto 6t1n £ epdntetan otov kokAo (K) oto A. Tote

(LKA (1)

Zynuo. 66

Emedn dpmg ot kvkrot epantovtat, To A givar onpeio g dakévipov KA, ondte amd v
(1) mpoxvmrer 611 L LAA, emopéva 1 evubeia C givar Kot epomtopévn Tov KOKAoL (A).
(i1) 'Eoto M 1o onueio topng g § pe v €. Tote MA = MB, ©¢ epantopeva TURILOTA TOV

(K) ko MA = MI, og epantdpeva tunpato tov (A). AT Tic 160TNTES QVTEG TPOKVTTEL

ott MB = MI.

XXOAIO

H evbeia & tov maparwdvew cyRUoTog, TOV EPOTTETAL KOL GTOVS 00O KOKAOUS Kl TOVG APHVEL TPOS TO 1010
HEPOS TNG AéyeTou Kol eSMTEPIKY epamTouévy, eva 1 gvbeio { mov el Tovg KOKAOVS GTOVG 0TOIOVG
EQATTETOL EKATEPWOEV OVTHG AEYETAL KOIVY] EGWTEPIKI] EPATTOUEVH].

AXKHXEIX I'TA AYXH

Epomosag Katavonoeng

1. 4v (K, R) kou (4, p) efvau 6o Kbriot wov xovy dia-
QopeTIKG KEVIpo, koi R > p, KA = 0, vo. avtiotoryioete
KGBe ppaon g mpwTnG OTHANG UE TV aVTIoTOLYN TYé-
on oty JevTEPY TTHAN.

2riin A 2tiin B

a. O kvKAoG (A,p) E1vou E0TEPIKOG
700 (K,R).

B. O xoxhog (A,p) epantetor eow-
tepika tov (K.R).

y. Ot kdxdot (K,R) kou (4,p) tépvo-
vral.

0. O1 xvkior epdmroviar elwrte-
PIKG.

. Koabes Korlog eivor elwrepirog
700 GAAOV.

1. 0>R+p
2. 0=R+p
3. 0=R—p
4. 0<R—p
5.20=R—p
6. p<o<R
7. 20=Rp

8. R—p<d<R+p

2. Xopaxrnpiote ws owoth (%) 1§ AaOog (A) kabsuio amd
TG EMOUEVES TIPOTATEIS KL OUTIOAOYHOTE THV OTAVTNON
00G.

i) H diaxevipog 000 kOkAwv eivar ueookdfstog tng

KOIVHG YOPONG. 2 Y|
ii) H ko yopon 000 icwv kokAwv eivai uecokaldetog
™G OLOKEVTPOU. 2 Y|
iii) To onueio emapng OVO EPATTOUEVWV KOKAWV EIVaL
ONUELO TNG OLOKEVTPOU. 2 A
Aoxnosig Eprédmong

1. Na mpocdiopiooiv o1 oyetikéc Oéoeic Twv KbKA®Y
(K, p) ka1 (4, 2p) av

. 4

i) KA 5

ii) KA = p,

iii) KA = 2p,

iv) KA = 3p,

v) KA = 4p.

2. Aiverou xbrdog (O, p) kou i axtive tov OA. Tpa-
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povue koxlo ue oguetpo OA. Ilowo eivou 1 oyetikn
Oéon twv dvo kdrKiwv,

3. diverar eo8bypouuo tunua AB xai to péco tov O.
I'pagpovue tov kdxlo (A, AO) kar tov kdKAo e dLdue-
po OB. o givou n oyetikn Oéan twv 000 KOKAWV;

i) Na amodeiéete ot1 0 évag Ppioketor oto eCwTepiko
700 GALOV.

ii) Eotw du i didkevipog téuver tov (0,) oto onuei.
M, M' ki tov (0,) ota onueio N, N' avtiotoiya ue o
M, N peraéd twv M', N'. No omodeilere ot

MN = AB = M'N', émov A, B wyaio onueio twv xo-
AmOSEIKTIKEG AGKNGELS Kiwv (0,) kai (0,) aviiotoya.
1. Aiverou xbxiog (O, R) ko eCwrepiid onueio tov P,
wote OP <2R. I'pagovue tov kdxio (O, 2R). No. arwo-
oeilete Ot1:
i) o kvokAog (O,2R) téuver tov kvxio (P, PO) oe dvo
onueio I ka1 A,
ii) Ta. ev0ypopua tunuazo O kaa OA tépvovy oV Kb-
xlo (O, R) ota onueio. A kor B,
jii)fto. PA kou PB gpdntovtar arov (O, R).
Atvovton 6bo kivxior (O, R) ko (O, R,) ue

0,0,> R,+R,>2R,.

3. Evog kbrxiog kévipov K eivar eCwtepikds evog di-
Aov kdKAov Kévipov A. Mia ko e€wtepikh epomro-
UEVI] KL L0, KOLVI] EGWTEPIKI] EPATTOUEVH] TV OVO KO-
KAwv téuvovror oto P. No: amodeilete ot KPA = 90°.
4. Mrmopeire vo {oypagicete 12 kdrlovs, dote 0 Kobé-
VOGS Q0 OVTOVS VO EPATTETOL O€ 5 KPS A0 TOVG
000UEVOVS KDKAOVG,

IZTOPIKO XHMEIQMA

Ol YeUETPIKES KATACKEVES

To. mpayta wpoflajuaTo. YemUETPIKOY KO-
TOOKEVDY OTOVTIOVIOL OTO. «XTOLYEION
100 Evideion. O uaOnuanikés mpot-
aoeig Owaipovviar oe «OGewpnuatay,
émov (yreiton va. omoderyfel on éva
QVTIKEIUEVO EYEL [0 OPLOUEVY] 1010THTO.
Kol o€ «mpoPAnuatay, omov (reitor va
KOTOOKEVOOOET KATOL0 OVTIKEIUEVO TOV
vo. Eyel opiouév 1010TTa. 2to. «2toi-
Xeéloy 01 Kotaokevés atnpiloviol ot
pio. wpdo. autiuata. Tov Bifdiov I (BA.
To un emAvonua yewuetpika mpofinua-
00 THS OPYOLOTHTAS).

Qg o €y 00 400 (1. TpémeEr va. giye
edpaiwbei n memoibnon ot opioyéva
apofliuate, omwe wy. o TWPOPAnue
700 OImAQOL0010D TOV KO0V Jev eival
EMADOINO e TO ETITPETTC, TOTE KOTO-
okevaotikd epyateia. Etor eupavileton
1 TP 1EPAPYNTN TV TPOPANUdTOY
le Bdon ta EMTPENTA KOATAOKEDOOTIKG,
epyaleio emivootnrag tovg. Qg emi-
neda mpofAnuora Oewpoivrar owtd mov
LUTOPODY VO, KATOGKEDATTODY UE KAVOVA.
Kol O10fNTy, oteped. mpofAnuato. ivor
exeiva. wov Avvoviar ue t fonbeio
KOVIKQOV TOUDY, KoL YpopuKd mpofii-
uoza. ivor ol to vwodoira. O Ildwmog
udliora. Gewpoivoe aofapo Aabog
Avan evog emimedov mpofiiuorog ue
Ponbeio kwvikdy Toudv.

I'swueTpinés kataokevés

2y § 2.7 avagépaple TNV EVVOLa TNG YEOUETPIKNG KATOGKELTC.
H avtipuetdmion evog mpoPfAnpatog Katackeung akolovdel ta
e€Ng otddlo: TV Kataoskevn (1 oOvleon), v anddeiln kot
T dgpevvnon.

* H kataokevn] sivar Oleg exeiveg ol gvépyeteg mov o0d1yovv
oTN oYedioon TOL GYNUOTOC.

* H andédain sivor n emPePaioon 0tTL 10 GYNUA TOV KOTO-
OKEVAGTNKE €Yl G oTOLYElD TOL SOoUEVAL.

* H diepevvnon sivor  avaypagn OAmv ekeivov Tov cuvin-
KOV, TOL TPEMEL VO, IKOVOTOL00V Ta 0€00UEVA, DOTE TO TPO-
BAnua va €xet Aon. Zn depedivnon eEetdleton eniong Kot
70 TANB0C TV AVGEMY TOL TPOPANUATOC.

XXOAIO

Orov 1 katookevn 100 (NTOVUEVOD TYHUOTOS 08V EIVAL GUEG PAVEPT],
T0TE, TPLV OO THY KOTAOKEDY KAVOUUE, ¢ fonBntiko Prua, xoi ) Ae-
youevy avaiven. Xe mpofriuora emopuevwy kepalaiwv Oo ypnoyo-
TOUOOVUE KOL THY OVAAVOH.
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3.17 AnAég YEWNEIPIKEG KATACKEVEG

v mopdypa@o ovtn ToPOLGIALOVIE OPIGUEVES YEMUETPIKES KOTOOKEVEG HE TIC OMOlEg
KOTOYVPMOVOLLE KOTOGKEVOOTIK( CTOLYEUDON YEMUETPIKA OVTIKEILEVO KO SIOOTKOGIES.

INPOBAHMA 1
Aivetan yovia x(A)y Kot n quevdeia O'x'. Na /(

KotaokevacsOel yovia ion pe ™ xOy 1 omoia
&yer og o whevpd, Ty O'x’ ko kopven to O'.
* Kataokeu)

KabBwotovpe ™ yovia x@y (ox.67) emixevipn
ypaopoviog kOkAo pe kévipo O Kot Tuyoio Zyiua 67

axtiva p. Eoto AB 10 avtiotoro 10&0 6. Me kévipo O’ kou axtiva v dwa, ypdeovpe
dAhov KoK o mov téuvel v O'x’ 610 A'. AkorlovBwg ypdoovpe tov kKOKAo (A’, AB) tov
omoiov éva koo onueio pe tov (O',p) elvar to B'. ®épovpe v nuevbeia O'B’. H yovia
x’@’B’ oniadn n x'(A)'y' elvar n {nrovpevn.

* AT6d€1EN
O yovieg xOy Kol x'O’y glvan wag, ywm glvan emikevtpeg otoVg i60Vg KOKAoLg (O,p),
(O,p) ka1 Paivovv ota ica TOEN AB ko1 A'B’ avtiotoya. (§ 2.18)

* Aigpgovnon

INa va éyet to mpoPAnua Ao, Ba pénet o1 koxkhot (O',p) kot (A’, AB) va téuvovtot. Avtd
OLms, cupPaivel Thvtote, emedn yio ) ddikevtpd toug O'A’ = p oyve p—AB<p<p +AB
(Mdyo ™G Tpryovikig avicdtntog oto Tpiyovo OAB). Mia dgvtepn AVo TOV TPOPANLATOSG
avTioToyEl 6To OgvTEPO KOO ompeio tov kukAmv (O',p) ko (A, AB).

ITPOBAHMA 2 v

No kotackevacOei n pecokddeTog evog vOVYpappoOL TUNRATOC.
* Kataokeu)

‘Eoto tunpa AB (oy.68). Me kévtpa ta dkpa tov A, B kot akrtiva Al B
p> % ypdpovpe 600 icovg kKhklovg. Av I, A glvar ta kowvd onueio A

TOV KOKA®V avtdv, n evbeio € mov opilovv givor n (nroduevn. e

* Amooeln Zynuo 68

H gvbeia € givar kowvn yopdn iomv KOKA®V, emopévag etvat kaBet ot dudkevipo AB (§3.16)

* Aigpedivion
INo va €xel to TpoPAnua Aon Ba mpénet or kbxkhot (A, p) ko (B, p) va téuvovtatl. Avtd
OL®G oYVEL, 0PoL N O1dkevTpd toug AB kavomoel v p —p <AB <p + p.

IMAPATHPHZXH: Me v mopomdvw katookevn] fpiokovue kot 1o uéoo evog evddypauuon tuiuatog.

N
m
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APKETEC POPEG TOL TOPATAVED PrILLOTO: KOTAGKELT], AOOEEN, dlepeblvnon UTOpPEL va, TopOov-
cdlovtal EVOTOmpUUEVaL.

ITPOBAHMA 3

Aivetan gv0eia € ko onpeio A. No kataokgvacsOel evbeia mov va
oEpyeTal amo to A kaeT 6TV €, OTOAV:

(i) To A givan onpeio Ty gvbeiog &, B A I

(ii) To A dev givan onpueio NG &.

Avon N
(1) Me kévtpo 10 A (0y.69) ko Toxaio axtiva ypdeovpe KOKAO, 0

omoiog téuvel v € ota onueio B kot I "Etot 1o A éywve péso tov Zyrjua 69
Tuqpratog BT ko emopévag n ntodpevn kdbetog eivar n pecokdOe-

T0¢ ToL TUNpatog BIT (mponyovuevn kataokevn). w el

A
(i1) Me kévtpo 10 A (0y%.70) Ko KaTdAANAN oKTiva YpAPOovE KOKAO v & ) g
mov tépuvel v evbeia € ota B xou I H pecokdbetog € tov tunpatog B\/F

BI, mov kartackevaletal Onwg mponyovpévag, ivon n (ntoduevn Ka-

Betog. _/&
[Mpdypartt, enedn AB = AT, wg aktives Tov 16100 KHKAOVL, 1| HEGOKA-

Betoc g yopdng BI' d1épyetar amd 10 A. Zyiua 70

ITPOBAHMA 4

No kataockevacsi 1 d1oTONOG oG YOviac.

Adonm

‘Eocto yovia x@y (ox.71). Me xévtpo 10 O Ko TvyOior aKTiVO,
yYpaeovpe KOKAO, TOL TEUVEL TIC TAEVPEG TG YoViag ota A, B avrti-
otorya. Oépovpe T pecokabeto o (IpoPanua 2) g yopdng AB mov
etvan Ko 1 (nrovpevn dyotdpoc.

[Ipdypatt n gvbeia 8, oG pesorkdBetog yopdng KOKAOL, diépyetar amd
TO KEVTPO TOV KOKAOV Kot StyoTopel To avTioToryo T0E0 AB ™g yoviog
x(A)y (§ 3.6). Emopévag etvar dryotdpog g,

E®APMOI'H

No kotaokgvacsOel  epantopévny evog kvkiov (O,p) o€ £va on-
peio Tov A.

Avon

Ymv mpoéktaon ¢ axktivag OA (oy.72) maipvovpe to onpeio B,
wote va givar AB = OA. Zmn cuvéyela @EPOVUE TN LEGOKAOETO TOV
OB mov &ival 1 epomtopévn tov KOKAOVL, yoti givol kabetn otnv
aKtiva 6To Kpo TG A.

YHMEIQXH: [ia v KOTOOKED]] TWV EPATTOUEVOV OO CHUELO EKTOG KUKAOD
Pléme oed 137.
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3.18 Baoik€g KATAOKEVES IPIYOVOV

Y avtiotoyia pe to Tpio Kpitnpo 160t Tog Tprydvev (§3.2-3.4) £yovpe Tig emOUEVES YEMLLE-
TPIKEG KATOGKEVEG.

ITPOBAHMA 1

No kataokevaotel Tpiymvo ABI Tov omoiov oi-
vovtal o1 TAgvpés AB =y, AT = B kon 1 wepreyo-
pevn Yyovio A = o. Y

Avdon

Me mhevpd o nuevbeia Ax katockevdlovpe )
(§ 3.17) yovia XAy = o (0%.73). Xt1c mhevpéc AX,
Ay maipvoope, pe to dwafnen, ta onueio B, I' avti- Zyhuo 73

otorya, mote AB =y kot A" = B. To tpiymvo ABI givor 1o {ntovpevo.

[Ipdypatt, omd v Katackevn, 10 tpiyovo ABI éxet AT = v, AT = B ko A= o. Mg tov
neproptopd 0° < @ < 180° (§3.10 IMopicpoata (ii)) To TPOPANUA EYEL TAVTO LOVAIIKY| AVGT).

ITPOBAHMA 2

No katookgvacOei Tpiyovo ABI, t0v omoiov
otvetanr n migvpa BI'=a kot o1 mpookeipeveg o¢
A A

ovtn] Yyovies B= o kot I' = ¢.
Avon
Oewpodpe tuqpa BI' = o kot pe kopveég to B, I' /| A

(o%.74) xataokevalovpe, TPog To 1010 HEPOC TNG
BI, yovieg I Bx = o ko BlA“y = . O mMhevpég Bx, Zynuo 74

I'y tov yoviov avtov tépvovtal oto onueio A. To tpiyovo ABI givan to {nrovpevo.
[Ipdypatt, and v Katackevy, to tpiyovo ABIT éxelt BI' = a, B=okul= ¢. Mg tov
nepropopd 0° < @ + ¢ < 180° (§3.10 IMopicpata (i1)) To TPOPANUA £xl TAVTO LOVAOIKY|
Aoon). Zto emdpevo ke@aiato (§4.2) Ba dodpe 6TL 0 mepLopiopoc o + ¢ < 180° eacpalilet
™V Topn TV nuevbeimv Bx kot Iy.

B

IMPOBAHMA 3
No kotaokevaoOei Tpiyovo ABI, 10V omoiov o
oivovtar o mievpég BI' = a, AT’ = f kot AB = 1.
Adon

Oewpovue tuqua BI' = a (oy.75) xou ypdoovpe
tovg kOKAovg (B,y) xar (I;B). Av ot KdKAOL TépVO-
vton kot A glvat o €va omd Tor oMUEia TOUNG Tovg,
10 Tpiywvo ABI givar to {nrodpevo.

2ynuo 75
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[pdypatt to tpiywvo ABI, and v koatackevn, £xet BI' = a, AB =y o¢ axtiva tov (B,Yy)

kot A" = B g aktiva tov (I B).

INa va éget Aon 10 mpoPanua, mpémel ot kvxkiot (B,y) xon (I,B) va téuvovtal, 10 omoio
ocvpPaiver (§3.16) 0tav f—y <a<P+7vy (B>7y). Av A’ elvar to dg0TEPO KOWVO GMNUEID TOV K-
Khov (B, v) kot (I, B), To tpiyovo A'BI givan ico pe 1o ABI, emopévag dev amoteAet véa
Adom Tov mpoPAnuatog, aeol ta Tpiywva givor ica.

XHMANTIKH ITAPATHPHXH

mv a<f+y.

A7O TV TOPOTAVE® KOTOOKEVT] TPOKOTTEL OTL TPIO. TUNOTO. 0, [,y EIVOL TAEDPES TPIYDVOD OV KL [LOVOY OV
oyvel f—y<a<pty (B = y). Av vmobécovue ot1 0> Kar 0>y, 1 TeEAevTOLO OITAR 1GOTHTO, EIVAL 1GOODVOUN e

AYXKHXEIX I'TA AYZH

Epotmoeg Katavonoeng

1. ¢ Oo ywpiobei ue xavéva xoi Srafity éva evbo-
YPOLULO TUTUO. OE TETOEPQ. 00, TUNUOTOL,

2. Idxg Oo Bpebet ue xavéva koi Siafitn 1o péco evég
70C0V 000LEVOD KDKAOD;

3. g Oa Bpebet 1o Kkévipo evdg kdrAov mov éyet ypo-
@&l pue évo vouiouo,

4. To quijpazo o, B, y e a >p ko1 a >y eivor mlevpéc
TPIYOVOD OTAV:

o ap=fty  pooa>fry ya<pty
ITOTE OO TOL TPONYOVUEVOL.
VKADOTE TO YPOUIO. THS CWOTHS ATAVTHONG KoL ITIO-
0YHOTE THY OTCVTHON TOG.

0. a<2(p+y)

1. Eorw twpiyowva ABI xax A'B'T' téroia, wote
Al =A'T", ﬁ = f’ Kol § 4 E’ = 2L. i) Na omodeiéete
ou AB = A'B', ii) Aiarvrwote Aektikd v GOKNON OOTH.
2. Aiverar 106mAsvpo tpiywvo ABI Ko e mAevpéc Tic
AB, BI; ITA xaraokevalovue eéwtepira tov ABI tpia
100mhevpa. piywvo. A'BI] AB'I” ko ABI'. No omo-
ociete ot1 AA' = BB' =TT".

3. 4v OK, OA sivor avtiotoiyo. 10 GTOCTHUGTE TV
xopoawv AB, IA xbxlov (O,R), vo amodeilete ot
AB < IA, av ko1 uoévov av OK > OA.

4. Aivetou 106mAsvpo tpiywvo ABI kou to onusia A, E,
Z tv mlevpav tov AB, BI” kou 14 avtictoryo, wote
AAd = BE =T7Z. Av K, A, M ta onucio toung twv AE,
IA your BZ, vo. amodeiéete ot 1o tpiywvo KAM givau
TAEVPO.

. Atverou tpiywvo ABI ue B <IL xau AT = 24B. Na

I'ENIKEX AXKHXEIX

Aoxknoeic Eprédmong

1. Na korackevdoete yewuctpid yovia 45°.

2. Nao ywpioete doouévn ywvia e téooepig ioeg ywvieg.
3. Na xotackevdoste 166mAsvpo piywvo ue wAevpd,
YVWOTO TUNUO. O

4. Na xorooxsvdoete 1600KkeléS Tpiywvo T0v 0moiov
otvovtai n faon a Kol To avtioToyo o€ avTHY YOS V.
5. No xaroocxevdoete opQoydrvio tpiywvo ABIT ue
A= 90°, étav Sivovra:

i) AB =y kou A" = 5,

ii) AB = y xou BI' = o,

omov a, B, v yvword TuniuoTo.

A

A A
oamooeilete ot I’ < -
Bl . B
6. Eotow piywvo ABI ue AB = > xou I'= > Na

amodeiete oTl A=IL.

7. Na. amodeiéete 611 5vo tpiywva to omoio Eyovy dbo
TAEVPES o€ pia TPOg Wio Kol TIG QVTIoTOLYES OlouUE-
000G TOV TEPIEYOVTOL OTIG TAEVPES AVTES 10ES [ TPOG
Uio givou foa. X

8. Aiverar ua yovia xOy xar dbo eowepird e on-
ueia A kot B. Eotw A’ to oopuetpixo tov A ws mpog
v Ox kou B' 10 ovupetpixo tov B wg wpog v Oy. Av
M, N givar toyaio onueio twv Ox, Oy avtictorya, vo.
omooeilete o1t AM+MN+NB=A'"M+MN+NB'.

Me t Ponbeio tns oyxéons avtis va Ppeite tig Oéoels
v M, N, yio tig omoieg to afpoiouo AM + MN + NB
elval 10 WIKPOTEPO SVVATO.
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ANAKE®AAAIQYXH

Ta Tpiyova ta&vopodviol og

* GKOANVA, 16OGKEM] KoL IGOTAEVPA, MG TPOG TIG TAEVPEG TOVG.

* 0&uy®dVig, opBoydVia, aufivy®dvie, O¢ TPOG TIG YOVIEG TOVG.

O1 TAEVPEG KOl O YOVIEG EVOG TPIYDVOV AEYOVTOAL KUPL GTOLYELD TOV, EVD O SIAIETOL, Ol O1YOTOOL
Kot To DY TOV AEYOVTOL OEVTEPEVOVTA GTOLYELD.

Avo Tpiyova glvar ica dtav Eyovv:

* Avo TAevpég ioeg pia TPog pio Ko TIg TEPLEXOEVES e 0TES Yovies toeg (ITT'TL).
* Mio TAevpd Kot TIG TPOoKeipeveg oe oty yovieg toeg pia mpog pia (I'TIT).

* Ko 116 tpetg mievpég toug ioeg pia mpog pior (IIIIIT).

Ewwotepa 600 opBoydvia Tpiyova givar ica 6tav €xovv:
* Abo omolecdNTOTE OPOLOYES TAEVPES TOVG 16€G pial TPOg pia.
* Mo mhevpd kot TNV mpockeievn o€ avtiyv ofeia yovia avtiotoya, ioeg pia mpog pia.

210 1600KELES TPIYOVO:

* O1 mpookeipeveg ot Paon yovieg ivar ioeg.

* H d1y0to0g TG Yoviog TG Kopueng givat Stdpesog Kot Hyog.

* H d141e60¢ mov avtiototyel otn fdon givat Yyog Kot dty0TOUOG.

* To vyog, mov avticToyel otn Pdon, vl dSyOTOUOG Kot SLANEGOG.

2T0v KUKAO:
* Av 000 t0& givar ioa, TOTE Ko 01 YopdEG TOVG givar ioeg Kot avTioTpopa.
* Abo yopdig etval 16€g, av Ko HOVOV OV To OTOGTHUATE TOVG Eival iGa.
* O POPENG TOV ATOGTNLOTOG L0 YOPONG:
— JEpYETAL OO TO KEVIPO TOV KOHKAOUL,
— givon pecokdfeTog g Yopong,
— dryotollel To avTioToyo T0E0 TG YOPONG.

Boaokoi yeopeTpukoi Tomo givol: 0 KOKA0G, 1 HEGOKAOETOS EVOVYPALOD TUNLLOTOG KOL 1) O1(0TONOG

yoviag.

* H pecokdfetog evog eu00YPOLLILOL TUNIOTOG EIVOL O YEMUETPIKOG TOTOG TV CNUEI®V TOL EMTEOOV,
OV 1GOTEYOVV OO TOL AKPO TOV.

* H 010TO10G LG YOVIiag ival 0 YEDUETPIKOG TOTOG TOV CNUEIDV TNG YOVING, TOV 100TEXOVV amd TIg
TAELPES TNG.

Avo oynuoata X, £ Aéyovior GORRETPIKG ®G TTpog éva onpeio O 1 o gvbeia €, 6tav kdbe onueio Tov
X givar ovppeTpicd evog onpeiov Tov X, g tpog to O ) TV € Kot avTioTPoQa.

AVIGOTIKEG GYEGELS OTO TPIYOVO:

» Kébe eEmtepikn yovio evog TpLydvoL givol HeyaAdTepT amd TIG OTEVOVTL YOVIEG TOV TPLYDVOUL.

* Amévovtt and Gviceg mAevpég PpickovTal OLLOL AVIGES YOVIEC.

* KéOe mhevpd Tprydvou givar pikpotepn amd to dfpotopa Tmv dVo GAA®Y Kot peyolvtepn amd ) dlo-
POpa TOVG.

Baowkn cuvéneia: .

* Av o¢ éva tpiymvo ABI eivan B=I", tote Oa glvor kou f =1.

*'Eoto tpiyovo ABIT kot onueio A g Baong BI. Av n AA givat d1yotopog Kot dtdpesog 1 d1otdpog
Kot VYog 1 dtéipecog Kot VYog, TOTe T0 TPlymVOo £ivol 160GKEAEC.

p—
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ANAKE®GAAAIQTIKO ATAT'PAMMA

| TPICQNA |
|
Eion - Zroyeia Kpvmpro Ieétnroc: « I
e I'TIT
o TIIIII

I016tTNTES: * 1606KELDY TPLYDOVOV
* necoka0£Ton
* YOPO®V - TOE®V
Kpumpwo 166tntoc opfoyoviov tpryovey
Yy€61 JOPOMV KOl UTOGTNUATOV
Baowkoli yeoperpikoi témor: * KOKAOG
* pecOKaOETOG
* dr0TONOG
Yoppetpio g TPos KEVTIPO Kot dova,
AwvicoTikég oyéoels - Kabeteg ko mhdyieg
YyeTikég Oéoerc: * gvBgiog KoL KOKAOV

* 3V0 KOKALOV

ATAEG YEONETPIKES KATUOKEVES — BOOIKES KOTUGKEVES TPLYOVEOV

n




