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KEDAAAIO 1o |

AKOAOYOIEX |

Ymyv xafnuepwvn {on ypnowomolovpe cvyxvd T AEEn «oakoAiovbBion, OTOV
Bélovpe va EKPPACOVUE TN SL0OYIKOTNTO EVOG GUVOAOL TTPAYLATMV 1] YEYOVOT®V
ocOpPOVA pe pio optopévn Taén. Me v 1010 axpifmg onuacio ¥pNoIYLOTOIOVUE TN
AEEN avt Ko oo MaBnpotikd.

1.1 H évvowae tng axorovBiog

"Eva koppdtt xopti oyfuatog opboymviov dumhdvetar 10 @opéc £tol dote oe KOOE
dimlmon to €va TUNUa TOL YaPTIOV Vo GUUTITTEL PE TO GAXo. [Tapatnpovue OTL:

¢ Metd ano v 1n dimhwon 1o yopti yopileton og 2 oo pép.

¢ Meté and ™ 21 dimhoon 1o yapti yopiletar oe 4 =27 ica pépn.

¢  Metd and ™y 3n Simhmon 1o xapti yopiletar oe 8 =27 ica pépn.
XvveyiCovtag tn dwadkacio pe Tov 010 Tpomo,

¢ uetd oo ™ viootn dimhmon to yopti xopiletar og 2" ico pépn.
"Exovpe Aowov v avtieTtotyio:

1 3 VoL
2 2 L2
Me tov tpomo avtd opileton pic cuvaptnon He mEdI0 OPIGHOD TO CUVOAD TV

OeTicov aképaiwv 1 omoia ovopdletorl axolovdia .
Qorte:

N v

AkorovOio elvar pio cvvaptnon pe medio opiGHOD TO GUVOAO TV
OtV axépotmv aplumy .

H axoiovbio cupPoriletor cuvnBmg pe To ypauuo o Kot 1 T TG oTo V,
onAadn to a(v), cvpPoriletar pe o, Ko Aépe 0Tt Exovpe TV axorovdia (a., ).
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Ot tés a,,0, ,05, ... K.T.A Aéyovtatl 6pot TG akorovBioc. O o, Aéyetal TpAOTOS
opog, 0 o, Aéyeton 6gvTEPOG OPOG, ... , O @, AEYETOL VIOGTOG 1} YEVIKOG OPOG TNG
axoiovdiag.

"Ecto, Y10 mapadstypo, pio axolovdio o pe o, = v +1.

Tote o, =1"+1=2,a,=2"+1=5, 0, =3 +1=10, ...

Tovilovpe 011 T0 Vv eKQpaler TV TAEN TOV OpOV, EVOD 0 O, TNV TIUH TOV 6pov [a
Topadetypo, otV akolovdia a,=v>+1 0 o3 givon o Tpitog 6pog Kat 1 Ty TOL givor
3°+1=10.

HMoepadciypora

1. Na ypagobdv ot téooepic npdTol Opot T akoAovdiag pe yevikd 6po a,=2" pe
v=1,2,3...

Avon
w=2, 0,=2"=4, 0;=2"=8 ko 0,=2"=16.

2. H axolovbia (ay) pe v =1, 2, 3... opileton amd to Kovova: «oe kibe QuOLKO
apBpo, 61apopo Tov UNdevog, avtictoryilovpe 10 TETPAymVO Tovy. Na ypapovv
0l 5 Tp®TOL OPOL TNC.
Avon
w=1%= 1, 0,=2°=4, 0;=3°=9, ,=4°=16 KoL 0s=5"=25.

3. Na ypagpel o viootdg 6pog g akorovbiog mov £xel TPOTOVE OPOVE TOLG
apBpove 1,3,5,7, ...
Avon

Mapatnpovpe O6tL KGO 6pog g axorovbiog €xet Tomo 2v-1, nradn o, =2v-1
uev=l1,2,3...
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1.2 T'pagwi) Tapdotacn akorovdiag

Mia axohlovBio umopel va mopactadel Ypaeikd 6° £vo GUGTN IO CUVTETUYUEVOV
Ommg Kot pio cuvapTnon.

Enedn] 10 medio opiouod 1ng okoiovbiog sivar to ovvolo TV OeTikdV
aKEPOIMV, M YPOUQIKY TNG TOPAOTAON OMOTEAEITAL OO onueio. pe TETUNUEVEG
Betucog axépatovg apdpovg.

a, A
Mo mapddeypo, oto oynuo 1 61 *(5,6)
BAémovpe UEPIKE  onueio NG st «(45)
YPOPIKNG TOPACTOOTG ™mg ’
akohovbiag a,=v+1. ar *G4

3r *(2,3)

2 .(172)

1_

o 1 2 3 4 5 ¥

Zxfipa 1

a, A

Oupowr oto oynue 2 PAEmovpe

YPOPIKN TAPACTOOT] TNG akoAoLBing 6l (5.6)

8
a, =— .
v 5 *(45)

41 *(3.4)
3r °(23)
2r *(12)
1 L
ol 1 2 3 4 5 v
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o107 *(3,10)

9 L

Y10 oynua 3 PAETOLE TN YPOUPIKN ol

TOPACTACT) ™mg axolovdiog .1

2

(X,V =V +1 . 6l
5t *(2,5)
4|
3 L
21 e(12)
1+
o 1 2 3 4 5v

ZyMpa 3
AXKHXEIX

1. Na Bpeite Tovg 5 TPAOTOLG OPOVS TOV TUPUKATO AKOAOVDV:

Do, =2val i) Bv=3v i) av=(-1)-CIvE iv) o, = (1+5)".
v

2. Ouow TV akoAovOimv:

Da, =2 iy B —ow X
v+1

4

3. No TopacTioeTe YPaPIKE TOVG 5 TPAOTOVG OPOVE TWV OKOAOLOIDV:

2v

. ) .. _ 2_1 a, = )
)o,=2v i) o=V iii) VTl
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IPOOAOI |

ApwOuntikn Ilpdodog

1.3 H évvouwa g aprtOunTiknig 7po6oov |

Ymv axoiovdia 2, 7, 12, 17, 22,... mapatnpodpe 611 kabe 6pog TG, TPOKLITEL
Ao TOV TPOTMYOLUEVO TOV, OTav TpocBEésovpe 6° avtdv Tov aplfud 5. Mia tétown
axoAovBia ovoudletor apOuntiky Tpoodoc.

Qorte:
M oxoiovOio Aéyeton aplOpntiky)y mpoodos, Otav KaOe d6pog NG

TPOKVTTEL GO TOV TPONYOVUEVO TOV, 0TOV TPocOicovns 6° aVTOV TOV 1010
navrote aprOpo.

Tov ap1Bud avtd Tov cvpuPorilovpe pe @ Kot Tov AEUE dLHPOPd TG TPOOOOV.
Aniadn, n akorovbia (o) givorl aplOunTiKn, TPOOSOG OV KOL LOVOV OV IOYVEL:
=0t 1 o, -0, =0
Enopévog, yuo va Bpovpe T dtopopd @ piag aplBuntiknig mpoddov, apkel amd
£VOV OTOLOONTTOTE OPO TNG VO APULPEGOVLLE TOV TPOTYOVLLEVO TOV.
IMa mapaderypo, otnv apBuntiky pdodo 4, 8, 12, 16,... &yovue o =12-8 =4

Ao Tov 0pIopd TG aPOUNTIKNG TPOOSOL EXOVLE:
o) =0,

o= 0 +m

03 = O to=(oy+m)+o=0,+20

o= azto= (o +20)Tto=0;1t3o

Qote: oy =0; + (v-1) ®

Anhodn, Bpickovpe T0 VIooTd 6po LG OPOUNTIKNAG TPOOSOV, OV GTOV TPMTO
0po ¢ Tpochécoupie v-1 Qopég TN dapopd.
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Mo wapdderypa, oty apOuntikn tpdodo pe o, =3 Kot ® = 4 0 ViooTdS OPOG
g eivar o, =oyt(v-1) @ =3+ (v—1)-4=3+4v-4 =4v -1 .

1.4 ApOpnTikég pécog |

Xe pla aplOuntikn mpododo maipvovue Tpelg Oadoykovc NG OPOvLS, Yo
Topadetypa, oty 4, , 24, 29... moaipvovpe tovg opovg 9, 14, 19.
[Mopatnpovue 6T 2 -14 =19+9, dnAadn to STAAGLIO TOL PECAion OPOV 1COVTUL UE
70 GBpoioua TV dV0 AAADY OP®V.

H dwomta avt) 1oydel og kdBe apOuntikn mpoodo Kot doTLTOVETOL ®¢ EENG:

Av ov apiBpol a,f,y eivar dwadoyikoi 6por apOunTiKig TPOOdOV, TOTE TO
01TAG010 TOV pEGAiov 6pov 160VTOL PE TO AOPOIoHE TOV 6V0 GALOV 6PV, KoL
avtioTpoQa.

Amddaln

‘Eoto 61t ot 0,B,y eivon dradoytkol 6pot aptOpunTikng Tpoddov e dtapopd o . Oa
glvar: B-a=o kol y-p = o, ondte f-a=vy-p.

Emopévmg: 2B = aty.

Avtiotpoga: Av 2p=aty, 101 P+P=aty, dnAadn B-a = y-f=v. Apa o,B,y elvar
dradoykol 6pot aplBuNTIKIG TPOOIOV.

O opBudc B pe v w10t 2=0+y ovopdaletal aprtOpunTikog HEGOS TMV O KoL Y.

1.5 A@powspo v IpaTOV 6pav aprtOuntikis T1po6oov

‘Eoto 1n  opiBuntkn  mpdodoc (a,) pe dSweopd . To abpoicua
S\=a o toztogt...+a, TOV v-IpoOtOv Opov ¢ divetor omd TOV  TOTO:
+
Sv=—v(0t1 uV).
2

Am6deEn

‘Exovpe: Sy=oy o, +...+ 0+ 0, 7
Sy=0y, + oy ... T 10y,
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Tote, av mpocBiécovpe Katd HEAT TIG TAPATAVE 1GOTNTES TOIPVOVLLE:
2S=(oy+o)+(apton. )+, .. +( oy o) + (o tay)
= (oytoy)t [(ot) + (o-0)]+ ... + [(ay-00) Hoy+o)] +(oytay)
= (oytay)t (o) *... + (ay+o,)+ (o+ay)
=v (otay) .

+
"Apa: S\/Z—V(m1 o)

Avtikabiotovtog to o, pe o, = o +(v-1)o €yovpe :

S :[ 20 +(v-Do]-v
b 2

E®APMOI'EX

1. Na npocdiopiotel 0 x €tol, mote ot apfuol 5, x +3, 18 va sivor dradoyucol
Opot aplBUNTIKAG TPOOSOV.

Avon

Amo tov tomo 2P=0+y &xovue :
2(x+3)=18+5
2x=23-6
2x=17
x=8,5.

2. Av 10 dBpotopa Tov 70v kot Tov 170V dpov piaG aplBUNTIKNAG TPOOdOL Elval
30, v 10 aBpoispo Tov Yov Kot Tov 200V dpov eivar 40.
i) No Bpebel n mpdodog.
ii) No vroloyiotel 10 dBpoiopa  amd Tov TPito £0¢ Kol TO OEKATO OPO TG
TPOOOOV.

Avon
o, +a,;, =30 {al + 60+ 0, +160=30 {2a1+22m:30
= =

‘E :
KODHE { 2a, + 270 =40

Oy + 0, =40 o, +8w+a, +190 =40
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To dBpoicpo tov O6pov amd TOvV TPito ®G Kou Tov OékoTo Ba 1o0vTOL
oztoytost... a0 = (o toptast...Fay) - (oyFa,) , SNAadN:

S10-S=

[2(=7)+9-2]10 [2(=7) : 1212 50 (12)-32

2

AYXKHXEIX

1. No onpeudoete ) 6OOTN ATAVTNON:
o) Xe pio apBuntikn Tpoodo

e OtvapiBuoi a,B,y elvar dtadoykoi 6pot g, av 2y=a+.
) A

o Ava;=1 xou =4, t6te 0,=4v-3 . z A

o Avo=1 ka1 0=2, tote T0 AOpoicua twv 10 TpdTwv 6pwv TG 1oovton pe 100.
) A

B) Ze pio apOunTikn Tpdodo:
o Avo=15 ko1 ®=-3, t61€ T0 TAN00C TV BETIKOV OPOV TNG 100VTUL LE
A5 B)15 D)6 A)3

o Av20-2,5, 30-8 dtadoykoi 6pol TG, TOTE TO O IGOVTAL LIE:
A) 0 B)4 N2 A) S

e Avo,=3, 0,=38 ka1 =5, tOtE TO V 1GOVTAL UE!
A)8 B)6 r7 A)4

v)
e Bpeite tov 270 ka1 tov 410 6po g apBuntikng Tpooddov 5, 11, 17...

e Bpeite tov 130 kot tov 1090 6po g apiBuntikng tpoddov 71, 70, 69...
e Bpeite Tov 160 kot tov 900 6po g apBuntikng Tpoddov -3, -5, -7...
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Bpeite 10 vioatd 6po ¢ apOunTiKng Tpoodov X, 2X, 3x, ...
Bpeite 10 viootd 6po ¢ apBuntikig mpoddov 2a-P, 4a-3B, 6a-5B.

Bpeite 10 dOpoioua TV v TpOTOV 0pedv TNG 0plOUNTIKAG TPoOdov
7,3,-1, ...

Bpeite 10 40poicpa TV v TpdTOV 0pmv TG aplfuntikng Tpoddov
1 -1 -3

) ) 9 e

4> 4 4

Bpeite 10 mAin00¢ TV 6pmv kot T dtapopd aplBunTiknig Tpoddov, 6tav:
o0=3, 0,=90 o Sv=1395.
0,=70, o,=7 «xoar Sv=1075.

a) No Bpeite 1oV 0oplOunTikd uéEGO Tov opBuov 18 war 20.
B) Na Bpeite v T tov X, ®ote ot apBpol  Sx+1, 3x-2, 11 va sivon
dladoy kol 6pot apOUNTIKNG TPOOIOV.

v) Av 600 apBuoi dapépovv katd 10 kot o apBuntikdg tovg pécog etvon 50,
va Bpeite Tovg apiBpovg.

Mo otéyn omtod €xer 12 ogpég  kepapidio. H mpotn oepd  Exer 45
Kepopidl Kot KABe emduevn oepd €xel dvo Kepapida  Ayotepa. [loca
Kepapida xetn 7" oglpd kot Tdéco OAN N 6TEYN;

‘Eva pixpd ayopt tidyver évo tpryovikd cmopod amd TAAGTIKE TOVPAAKL £TO1,
MOTE VA £XEL £vo TOLPAAKL OTNV KOPLOT, EVD G KAOE endevn oelpd Tomobetel
éva emmAéov TovPArdkt. Edv to aydpt £xer 100 tovPrdxia, moceg oelpés pmopet
VO GUUTANP®OGEL KoL TOGA TOLVPAGKLIA B ToV peivovy (EKTOC GOPOV);

‘Eva. poAotL yTumd TIG akEPOIEC DPEG Omd TNV TPMTN UEYPL Kol TI SMOEKATY.
Bpeite mdécovg yromovg kdvel to 24mpo.



